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ABSTRACT

This algorithm theoretical basis document (ATBD) describes the development of a still newer

methodology for the retrieval of the phycourobilin (PUB) absorption coefficient,  phycourobilin-rich

phycoerythrins [PEB(+)] and the phycourobilin-deficient phycoerythrins [PEB(-)] . This algorithm

is firmly based on ocean color physics and directly inverts oceanic water-leaving radiance (or

reflectance) models in the visible MODIS bands.  Post-launch, the algorithm will be validated by

airborne laser-induced phycoerythrin, PEB(+) and PEB(-), fluorescence acquired during overflights

of research ships gathering concurrent surface pigment data, optical/shipboard laser fluorometer data

in support of MODIS overpasses.  On-going phycoerythrin algorithm research, validation, and other

issues are also discussed.  This revised version has been updated to address comments received as

a result of periodic MODIS ATBD Reviews.

The principal change within this revision is the PEB(+) and PEB(-) in addition to PUB.

Direct airborne laser validation of the modeled-unmodeled PE absorption by linear matrix inversion

at 488nm, aPE(488), using 4 MODIS bands is also provided.  
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1.0 Introduction

This Introduction includes the identification, overview, scope, and list of applicable

documents pertaining to phycoerythrin absorption coefficient retrieval via linear matrix inversion

of an oceanic radaince/reflectance model.

1.1. Identification of the Algorithm.  

This algorithm theoretical basis document (ATBD) describes the retrieval of phycoerythrin

pigment absorption coefficent. (Specific absorption coefficents are not availble at this time to

convert to concentration).  More specifically the complete algorithm provides for the retrieval of

the absorption coefficients of phycourobilin (PUB),  phycourobilin-rich phycoerythrins,  PEB(+)

and the phycourobilin-deficient phycoerythrins, PEB(-).  This algorithm is specifically identified

as Ocean Group, MODIS Level 2 Data Product parameter #3320 and Modis Product #33.  

1.2. Overview of the algorithm.  

There are 3 major algal pigment groups [Bidigare et al 1990; Vernet et al 1990] found in

marine phytoplankton and bacteria: the chlorophylls, carotenoids, and phycobilins. The phycobilins

are phycoerythrin and phycocyanin. The phycoerythrins are further subdivided into phycourobilin-

rich phycoerythrins, PEB(+),  and the phycourobilin-deficient phycoerythrins, 

PEB(-).  This algorithm addresses the retrieval of the PUB, PEB(+), and PEB(-) phycoerythrin

absorption coefficients.  Algorithm details are given in Appendix A.  

1.3. Scope.  
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This document primarily addresses the retrieval of the PUB and the PEB(+) and PEB(-)

phycoerythrins.  However, the matrix inversion of the oceanic radiance model simultaneously

provides the absorption coefficients of phytoplankton and CDOM together with the total constituent

backscatter (TCB).  From the latter  quantity the total backscatter can be easily obtained. 

1.4 List of Applicable Documents. 

Since 1979  the phycoerythrin pigment has been measured by airborne laser-induced

fluorescence methods [Hoge and Swift 1981;  Hoge and Swift 1986a, Hoge and Swift 1986b; Hoge

and Swift 1990].  Its airborne detection using upwelled radiances was first noted in 1986 [Hoge and

Swift 1986a; Hoge and Swift 1986b] and detailed in 1990 [Hoge and Swift 1990]. Some

documents/reprints relative to the phycoerythrin algorithm are specifically:

1. (Appendix A, herein).  Hoge, Frank E., C. Wayne Wright, Paul E. Lyon, Robert N. Swift,

James K. Yungel, "Satellite Retrieval of the Absorption Coefficient 

of Phytoplankton Phycoerythrin Pigment: Theory and Feasibility Status", submitted 1999.

2. (Appendix B, herein).  Hoge, Frank E., C. Wayne Wright, Paul E. Lyon, Robert N. Swift,

James K. Yungel, Satellite retrieval of inherent optical properties by inversion of an oceanic

radiance model: A preliminary algorithm, Applied Optics 38, 495-504 (1999). 

3. (Appendix C, herein) Hoge,Frank E., Wright, C. Wayne, Kana, Todd M.,  Swift,   Robert

N.,  and Yungel, James K.,  Spatial variability of oceanic phycoerythrin spectral types derived from
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airborne laser-induced fluorescence measurements, Applied Optics 37, 4744-4749, 1998.

4. (Appendix D, herein) Hoge, Frank E. and Paul E. Lyon, "Satellite Retrieval of Inherent

Optical Properties by Linear Matrix Inversion of Oceanic Radiance Models:  An Analysis of Model

and Radiance Measurement Errors", Jour. Geophys. Res.  101, 16,631- 16,648, (1996).

5. Hoge, F. E. and R. N. Swift, Phytosynthetic Accessory Pigments: Evidence for the

Influence of Phycoerythrin on the Submarine Light Field, Remote Sensing of Environment 34, 19-

25, 1990.

6. Hoge, F. E., and R. N. Swift, Chlorophyll Pigment Concentration Using Spectral

Curvature Algorithms: An Evaluation of Present and Proposed Satellite Ocean Color Sensor Bands,

Applied Optics, 25, 3677-3682 (1986b).  

7. Hoge, F. E., and R. N. Swift, Active-Passive Correlation Spectroscopy:  A New

Technique for Identifying Ocean Color Algorithm Spectral Regions, Applied Optics, 25, 2571-2583

(1986a). 

8. Culver, Mary E., and Mary Jane Perry, Detection of phycoerythrin fluorescence in

upwelling irradiance spectra, Eos Trans. AGU 75, 233 (1994).

The success of using oceanic radiance model inversion for the satellite retrievals is

demonstrated by the recent recovery of the CDOM absorption coefficient using CZCS data [Hoge

et al. 1995c] and retrieval of phytoplankton absorption coefficent, CDOM absorption coefficient,

and total constituent backscatter from airborne water-leaving radiances [Hoge et al., 1999; Appendix
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B herein].  Appendix A describes the successful retrieval of the unmodeled/modeled retrieval of

phycoerythrin absorption coefficent at 488nm,  aPE(488).

 

2.0 Overview and Background Information

Oceanic phytoplankton chlorophyll is known to produce a very significant influence on the

optical properties of the ocean.  The chlorophyll-driven optical properties are in fact so strong as

to allow global satellite mapping of the pigment concentration in the upper ocean using upwelled

water-leaving radiances.  

Extensive experimental evidence has been presented to strongly suggest that upwelled

water-leaving spectral radiances also include physical backscattering and absorption effects of

photosynthetic accessory pigments such as phycoerythrin [Hoge and Swift 1986a; Hoge and Swift

1986b; Hoge and Swift  1990].  In the water column, the presence of phycoerythrin has been

measured over wide regions of the ocean using well established airborne laser-induced spectral

fluorescence techniques [Hoge and Swift 1981, Hoge and Swift 1983; Hoge and Swift 1985; Hoge

and Swift 1990]. The laser-induced fluorescence validates the physical process of absorption that

is the basis of the algorithm described herein. In particular, active-passive correlation spectroscopy

methods [Hoge and Swift 1986a,b,c,d, Hoge et al., 1987; Hoge and Swift 1987] have revealed that

concurrently measured water-leaving spectral radiances in the ~600 nm spectral region  were highly

correlated with the laser-induced phycoerythrin pigment fluorescence. The curvature algorithm

[Campbell and Esaias 1983; Campbell and Esaias 1985] was used, together with the airborne laser

data, to produce the active-passive correlation spectra [Hoge and Swift 1986a] that allowed the

detection of phycoerythrin. The analysis was performed on data sets in which the phycoerythrin and
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chlorophyll fluorescence were not coherent in order to permit the unambiguous evaluation of results.

To demonstrate to the reader that phycoerythrin affects the  water-leaving radiances, the retrieval

of phycoerythrin [Hoge and Swift 1986a] using a curvature algorithm  (applied to bands not

available on MODIS) has been given [Hoge and Swift 1990].  Recently, modeled-unmodeled

phycoerythrin retrieval at 488nm has been demonstrated using airborne water-leaving radiances

[Appendix A].

As added proof, phycoerythrin fluorescence has recently been seen by other investigators

in upwelling radiance spectra. The  fluorescence was detected as an increase in the 560-600nm

region of surface upwelling irradiance spectra in Lake Washington [Culver and Perry 1994]. The

absorption of solar in-water irradiance by the phycoerythrin pigment and the resulting emission of

fluorescence at ~560-600nm is physically analogous to the absorption of chlorophyll and its

emission at ~683nm.  The observation of phycoerythrin fluorescence by Culver and Perry [1994]

(in addition to the airborne work discussed previously) demonstrates that phycoerythrin absorption

is occurring  and detectable with an absorption-based inversion algorithm as discussed herein.

2.1. Experimental Objective.  

The intended use of the phycoerythrin data product is to allow  scientific investigators to

study the global distribution(s) of the phycoerythrin pigment and in so doing allow definition of the

diversity of phycoerythrin-bearing species such as cyanobacteria. When used in conjunction with

chlorophyll distribution, phycoerythrin allows global phytoplankton species variability studies. This

is shown in Figure 1 wherein the airborne laser-induced phycoerythrin and chlorophyll fluorescence

scatter plot clearly shows the species variability across a Gulf Stream warm core ring [Hoge and
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Swift 1983; Hoge and Swift 1985].

2.2. Historical Perspective.  

Previously, phycoerythrin has been measured passively by using the 3-band curvature

algorithm. The previous uses of the empirical curvature algorithm have been detailed [Hoge and

Swift 1986a; Hoge and Swift 1986b; Hoge and Swift 1990]. The curvature algorithm has been

shown to retrieve the phycoerythrin pigment in the presence of chlorophyllous (chlorophyll plus

phaeophytin) pigment and in the presence of strong chromophoric dissolved organic matter

concentrations [Hoge et al 1986a; Hoge and Swift 1986b; Hoge and Swift 1986c, Hoge and Swift

1986d, Hoge and Swift 1993,  Hoge et al 1993a; Hoge et al 1993b]. The phycoerythrin pigment has

never been detectable using empirical 2-band radiance ratios similar to those used for the satellite

Coastal Zone Color Scanner (CZCS) [Hoge et al 1987; Hoge and Swift 1990]. 

Herein, the phycoerythrin pigment will be retrieved by using oceanic radiance model

inversion by matrix methods.  Phycoerythrin retrieval using matrix model inversion is undergoing

testing using Airborne Oceanographic Lidar (AOL) active-passive ocean color [Hoge et al 1986a;

Hoge et al 1986b; Hoge and Swift 1986b; Appendix A herein] data (previously used to successfully

retrieve the pigment with the curvature algorithm). It can be reported that model inversion is

expected to be successful since previously undetectable chromophoric dissolved organic matter

(CDOM) has now been successfully retrieved  [Hoge et al. 1995c; Hoge et al., 1999 or Appendix

B herein].  The same model inversion methods are being applied to the phycoerythrin retrieval as

described in subsequent sections.    
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2.3. Instrument Characteristics.  

Specific spectral bands are required for the model-inversion algorithm.  It requires satellite

bands to accommodate the PEB(-), PEB(+), and PUB absorption occurring at or near 580, 560, and

495nm respectively [Hoge et al., 1998].  Figure 1 found in Appendix A show the MODIS bands in

relation to the PEB(+), PEB(-), and PUB absorption spectra.  Figure B1 found in Appendix A shows

the details of the gaussian models fitted to the spectra.  The model-inversion algorithm is thus

ideally, but not optimally, suited for the MODIS instrument.

3.0 Algorithm Description.

The algorithm description is accomplished in 2 segments: the Theoretical Description  of

Section 3.1 and the Practical Considerations of Section 3.2.

3.1 Theoretical Description

This Theoretical Description is accomplished in 4 sections that address the physics of the

algorithm, the mathematical description, the uncertainty estimates, and phycoerythrin and other

issues.

3.1.1 Physics of the Algorithm.  

Oceanic water-leaving radiances are generated from the incident solar irradiance by the total

backscatter and the total absorption of  sea water and its constituents. The total backscatter is the

rigorous sum of the backscatter of sea water and all the constituents. The total absorption is the

rigorous sum of the absorption of sea water and all the constituents. (This assumes that small trans-
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spectral contributions due to solar-induced fluorescence and Raman scattering can be ignored). For

the purpose of describing the algorithm, assume that the following absorbing constituents are present

within the satellite scene: phytoplankton chlorophyllous pigment, PEB(+), PEB(-), PUB, and

CDOM. In combination with sea water, these absorbing constituents are assumed to give rise to

constituent backscatter, bbt. Thus, at least 6 independent bands are required to retrieve the constituent

backscatter and the absorption from the five specific absorbers.  The phytoplankton and CDOM

absorption coefficients together with the total constituent must be retrieved simultaneously,

otherwise their absorption/scattering contributions will be erroneously propagated into the PEB(+),

PEB(-), and PUB absorption coefficients.

3.1.1.1 Band Selection for Phycoerythrin Retrieval

As discussed in a previous section Figure 1 and Figure 1B of Appendix A show the MODIS

bands in relation to the absorption spectra of phycoerythrin, phytoplankton, CDOM, and constituent

backscatter respectively.  The reader should consult Appendix A for the details.

3.1.2 Mathematical Description of the Phycoerythrin Algorithm

The phycoerythrin retrieval requires a water-leaving radiance model. A suitable model is

described in Appendix A.

3.1.2.1   PUB, PEB(+), PEB(-) Phycoerythrin Algorithm
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Phycoerythrin Pigment Absorption Coefficient by Linear Matrix Inversion of a Radiance Model.

The reader is referred to Appendix A for the details (and Appendix B and Appendix C for

additional supporting information).  The inversion methods described in Appendices A, B, and C

are fully applicable to reflectance models [Carder and Stewart 1985; Carder et al., 1986; Carder et

al., 1989; Carder et al., 1991; Morel 1988; Sathyendranath et al., 1989; Roesler and Perry 1995;

Gordon et al., 1988] with relatively minor modifications.    Also, geometrical shape factors may be

included in the model, otherwise backscatter coefficient retrievals may contain errors of #40%

depending on the solar angle and hydrosol constituents [Weideman et al., 1995].)

3.1.2.2   Phycoerythrin Algorithm: Other Considerations  

The reader is reminded to consult Appendices B and C for supporting details. 

3.1.3 Variance or Uncertainty Estimates.

3.1.3.1 Model Simulations

The matrix inversion procedure has undergone simulations with synthetic data (and tests with

real data; see Appendix A.)  Oceanic radiance model simulations have been completed to evaluate

the effects of (a) radiance and (b) model errors on the absorption of phytoplankton, CDOM and TCB

[Hoge and Lyon 1996].  Airborne field experiments have also been conducted to address the

performance the algorithm/matrix inversion methodology [Hoge et al., 1999; and Appendix A].  To

perform the simulations a wide range of constituent backscatter , bbt , phytoplankton chlorophyllous

pigment absorption aph , and CDOM/detritus absorption ad are assumed to be present. A set of

"satellite radiances" are then calculated and stored as an image. Then, to investigate the effects of

computer round-off errors the inversion is first executed with no radiance or model errors present.
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Preliminary results suggest that the inversion is stable and rapid. The algorithm and machine

precision is more than adequate.  Airborne field experiments have shown the model to be stable and

perform well even in the presence of instrument induced noise [Hoge et al., 1998; and Appendix A

herein].  

3.1.3.2 Retrieval Error Studies Using Airborne Upwelled Radiances

To date (April 1999) only the unmodelled absorption at 488nm that exceeds the

phytoplankton and CDOM absorption has been successfully retrieved, concurrntly with the

absorption coefficients of phytoplankton and CDOM as well as total constituent backscatter. 

3.1.4. Phycoerythrin Research and Other Issues

Efforts continue in the search for improvements to the phycoerythrin retrieval algorithm.

The recent construction of the Shipboard Laser Fluorometer (SLF) has allowed the observation of

the high spectral resolution observation of the long-wavelength (~585) PEB(-) fluorescence shift

to the short wavelength emission of PEB(+) characteristic of the presence of additional PUB

chromophores within the phycoerythrin pigment structure.  This instrumentation will allow further

validation of the wide area spectral shift observations by the Airborne Oceanographic Lidar [Hoge

et al., 1998]. The solar-induced phycoerythrin fluorescence has been observed in the 560-600nm

region [Culver and Perry 1994]. 

3.2 Practical Considerations

3.2.1 Programming and Procedural Considerations

To this point, the reader is aware that error propagation studies are only partially complete
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for the IOP retrievals [Hoge and Lyon 1996].   Accordingly, it is expected that some adjustments

in the proposed algorithmic procedure will be needed. At this time it is anticipated that the major

changes in the algorithm will occur in the model constants. For example, to convert to

concentration,  the specific absorption coefficients for phycoerythrin for defined oceanic provinces

should be used but are simply not available at this time. Our knowledge of appropriate specific

absorption coefficients is expected to continually improve, even after launch. Thus, reprocessing

of the data should be expected. It is believed that data users will find the results to consistently

improve as the MODIS sensor data matures and as model constants improve.

3.2.2 Calibration and Validation

The calibration and validation of the phycoerythrin algorithm and its resultant product will

be conducted by additional ship and airborne measurements. 

The most critical model parameter(s) that affect the phycoerythrin retrieval are expected to

be the chlorophyllous (and the phycoerythrin) pigment spectral specific absorption coefficient

variability. This is especially true since the phycoerythrin absorption is only  ~1/3 that of

chlorophyll at the same wavelength.  Thus, a small error in the chlorophyll absorption retrieval and

model determination at 488 and 551nm can significantly affect the phycoerythrin retrieval. The

CDOM spectral slope and the backscatter wavelength ratio exponent model extrapolation exponent

(n ~ 1.5) have  not displayed inordinate error sensitivity during error analysis simulations.  Of

highest concern is the lack of widely tested backscatter models.

3.2.2.1 Shipboard Calibration/Validation
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Required ship optical measurements should include down-welled irradiance, water-leaving

radiances and the inherent optical property, aCDOM. Necessary ship pigment measurements include

phytoplankton chlorophyllous pigment, and phycoerythrin pigment (especially with the SLF).

3.2.2.2 Airborne Calibration/Validation

The phycoerythrin algorithm will be further validated by airborne laser-induced and water

Raman normalized fluorescence similar to that shown in Appendix A.  Immediate post-launch

validation efforts of the model-inversion algorithm will be very intensive and will seek to identify

possible errors well before the algorithm is used for satellite retrievals.  The concurrent upwelled

radiances from the NASA Airborne Oceanographic Lidar's ADAS will be inverted and compared

to the fluorescence (as has been done in previous algorithm development; Appendix A).   The

CDOM absorption coefficient as retrieved by the matrix inversion  methodology will be validated

by airborne retrieval of the CDOM absorption coefficient [Hoge et al 1995a,b,c].

Intermediate IOP products such as the (1) CDOM absorption coefficient, aCDOM, (2)

phytoplankton absorption, aph, and (3) total constituent backscatter, bbt,  must also be validated in

order to insure that their values are not causing errors in the subsequent phycoerythrin retrieval in

which they are used. The aCDOM absorption coefficient is retrieved directly from the airborne 355nm

laser-induced and water-Raman-normalized CDOM fluorescence [Hoge et al 1995c; Hoge et al

1993b].  The  absorption, aph, is concurrently obtained by airborne 532nm laser-induced fluorescence

within the same spectrum as the phycoerythrin fluorescence (see Appendix A). The agreement of

airborne laser-derived chlorophyllous pigment fluorescence with ship-derived pigment [Hoge and

Swift 1993] and satellite-derived pigment [Smith et al 1987] has been previously demonstrated. The
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use of on-wavelength depth-resolved laser backscatter [Hoge et al 1988] of the water-column and

all constituents (bbw + bbt) will be explored to provide truth for the constituent backscatter, bbt . 

Finally, there are on-going cooperative field programs (ship/aircraft)  that are addressing the

measurement of both CDOM (by absorption/fluorescence) and phycoerythrin (by extractions). These

cooperative efforts will be continued and/or complemented by new ones particularly during the

intensive immediate post-launch phase.

A Shipboard Laser Fluorometer (SLF) has recently been constructed and tested on 3 cruises.

Having 512 channels it provides remarkable spectral resolution and easily demonstrated the PEB(+)

and PEB(-) spectral separation.   Since the PEB pigment fluoresces (and PUB does not) the NASA

Airborne Oceanographic Lidar (AOL) has two bands to detect the PEB(+) and PEB(-).  The

successful demonstration of the PEB(+) and PEB(-) spectral shifts in coastal/open-ocean transition

regions has been demonstrated [Hoge et al., 1998]. 

3.2.2.3 Self-Calibration

Self-calibration techniques have been under development and show promise for providing

MODIS scene pixels for which the phytoplankton chlorophyllous pigment is determined without

the use of surface measurements [Hoge 1994]. The technique exploits the invariance of the empirical

curvature algorithm to non-absorbing backscatter (NAB) and CDOM absorption to find pixels

having pigment values of 0.35 mg/m3. The application to MODIS chlorophyllous pigment retrieval

(and therefore the improvement of the phycoerythrin retrieval) has been fully described [Hoge

1994].

3.2.3 Quality Control

The initial quality control will consist of a straightforward  comparison of the output of  the
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DAAC with that obtained in our computing laboratory for randomly selected images. Other QC

procedures must be developed but do not presently occupy a high priority in comparison to the more

pressing near-term algorithm development and validation needs. The self-calibration described in

Section 3.2.2.3 is also a quality control procedure that will be used to monitor the algorithm

computation sequence. 

3.2.4 Exception Handling

There should be no need for handling unusual conditions. The reason for this is that the input

to the algorithm are water-leaving radiances that are already quality controlled. Pre-launch testing

of the algorithm using simulated and airborne data should give complete identification of the

possible exceptions, if any.

3.2.5 Data Dependencies

The phycoerythrin algorithm requires water-leaving radiances. As discussed in a previous

section, starting values, if needed, such as chlorophyllous pigment absorption, needed for the

phycoerythrin inversion, may be obtained from other MODIS products.  

3.2.6 Output Products

The phycourobilin (PUB) and the phycoerythrobilin (PEB), both PEB(+) and PEB(-)

absorption coefficient output products, should each have an image format that is identical to the

chlorophyllous pigment product. Of course the products being displayed are the PUB and PEB

absorption coefficent and not chlorophyllous pigment. 
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(Scientists are expected to use the PUB and PEB products in conjunction with the

chlorophyllous pigment product to create PUB/chlorophyll, PEB(+)/chlorophyll, and 

PEB(-)/chlorophyll ratio images that are indicative of mesoscale species variability [Hoge and Swift

1983; Hoge and Swift 1985]).

4.0 Constraints, Limitations, and Assumptions

4.1 Assumptions: 

1. The chlorophyllous pigment specific absorption coefficient spectral model is assumed to

be applicable to the oceanic province where the satellite image was acquired. Initially, only one

model (Appendix A) will be used. As more experience is gained, models must be produced for use

in several General Oceanic Provinces (GOP) such as the Pacific Basin, North Atlantic etc. The

GOP's will eventually be further subdivided into still smaller oceanic provinces having their

chlorophyllous pigment model parameters. Likewise, the phycoerythrin specific absorption

coefficient models must be continually configured for each province when possible.

2. The CDOM  specific absorption coefficient spectral model, at launch, is assumed to be

universally applicable with a spectral slope of 0.014 [1/m]. It is well known that the CDOM spectral

slope has a small degree of spatial variability [Hoge et al 1993b] however, error analyses indicate

that other absorption models (such as the chlorophyllous pigment described above) will most heavily

influence the phycoerythrin retrieval errors. As more experience is gained, different CDOM spectral

slope values will be defined for the General Oceanic Provinces (GOP) such as the Pacific Basin,

North Atlantic etc. Again the GOP's will eventually be further subdivided into still smaller oceanic

provinces having their own specific CDOM spectral slope model parameter. 
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3. Initially,  the constituent backscatter spectral model, bbt(8) , will be assumed to be  the

same throughout the world's oceans. This spectral model is probably the least well understood. As

with the specific absorption coefficient spectral models, with more experience, several models can

be produced for use in several  General Oceanic Provinces (GOP). Then, different total backscatter

spectral models will eventually be assigned to still smaller oceanic provinces.

4. It is assumed that trans-spectral effects such as solar-induced CDOM fluorescence and

water Raman scatter are small and can be ignored. 

4.2 Constraints and Limitations: 

1. Needless to say, the algorithm can only be applied to water-leaving radiances.
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Figures

Figure 1. Species variability as indicated by phycoerythrin vs chlorophyll fluorescence.
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ABSTRACT

Oceanic radiance model inversion methods are used to develop a comprehensive algorithm for

retrieval of phycoerythrobilin pigment absorption coefficient deficient in phycourobilin pigment,

PEB(-), phycoerythrobilin pigment absorption coefficient rich in phycourobilin pigment, PEB(+),

and phycourobilin pigment, PUB, (together with the usual “big-three” inherent optical properties:

total backscattering coefficient and the absorption coefficients of CDOM/detritus and

phytoplankton). This fully-modeled inversion algorithm is then simplified to yield a hybrid

modeled-unmodeled inversion algorithm in which the phycoerythrin, PE, absorption coefficient

is retrieved as unmodeled 488nm absorption (that exceeds the modeled phytoplankton and

CDOM/detritus absorption coefficients). Each algorithm was applied to water-leaving radiances,

but only hybrid modeled-unmodeled inversions yielded viable retrievals of the phycoerythrin

absorption coefficient. Validation of the phycoerythrin absorption coefficient retrieval was

achieved by relative comparison with airborne laser-induced phycoerythrobilin fluorescence. The

modeled-unmodeled retrieval of four inherent optical properties by direct matrix inversion is very

rapid and well-conditioned but the accuracy is strongly limited by the accuracy of the three

principal IOP models across all four spectral bands. Several research areas are identified to

enhance the radiance-model-based retrievals: (a) improved phycoerythrobilin and phycourobilin

absorption coefficient models, (b) phycoerythrin spectral shifts induced by phycourobilin

chromophore substitution at chromophore binding sites, (c) specific-absorption-sensitive

phytoplankton absorption modeling, (d) total constituent backscattering model, (e) unmodeled

carotinoid and phycocyanin absorption that are not now accounted-for in the chlorophyll

dominated phytoplankton absorption coefficient model and (f) iterative inversion techniques to
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solve for six constiuents  with only five radiances. While considerable progress has been made

toward the satellite recovery of phycoerythrin absorption, the maturity of the retrieval is presently

insufficient for routine global application. Instead it must currently be used on a regional basis

where localized ship and aircraft validation can be made available.

OCIS Codes: 010.4450, 280.0280, 300.6550, 030.5620
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Introduction

There are 3 major algal pigment groups’ found in marine phytoplankton and bacteria: the

chlorophylls, carotenoids, and phycobilins. The phycobilins are phycoerythrin (PE) and

phycocyanin. PE is a class of pigment-protein macromolecules with chromophores that absorb

light in the -480-580  spectral region. In cyanobacteria, for example, the functional light

harvesting unit is a hexameric protein aggregate (sometimes associated with an additional

pigment-protein monomer) that contains from 34-38 covalently bound chromophores23~4*s~~7*8

These chromophores are of two types: phycoerythrobilin (PEB) having its absorption peak at

-565 nm and phycourobilin (PUB) having its absorption peak in the -495 nm region. PEB is

necessary for energy transfer between units of the photosynthetic light harvesting antenna and

is therefore found in all PE-containing marine cyanobacteria. Truth data in the form of airborne

laser-induced PEB fluorescence is frequently available9 to validate passive remote retrievals. The

PUB pigment is not fluorescent so airborne validation is not directly available for this pigment.

Some strains of cyanobacteria have PUB substituted at selected chromophore binding sites on

the PE molecule conferring greater light absorption in the blue-green region of the spectrum,

while maintaining relatively efficient energy transfer between units. A high degree of PUB

substitution is notable in specific strains of the ecologically important marine cyanobacterium

genus, Synechococcus’. The PE spectral absorption band peaks near 565 nm when only PEB

chromophores are present (Figure 1 a) lo. However, the presence of PUB chromophores (with their

absorption band peak at 495nm) cause a lo-15 nm blue-shift in the peak wavelength of the PEB

absorption spectrum. Specifically, for PUB-containing PE the PEB absorption band occurs near
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550 nm regardless of the relative amounts of PUB and PEB (Figure 1). Because of this PUB-

induced spectral blue-shift of PEB absorption, the retrieval algorithm to be discussed later must

allow for PE spectral absorption with a peak at -550nm (in addition to the inherent 565nm PEB

absorption peak). Thus, naturally occuring PE-containing phytoplankton can possess varying

levels of absorption: at -565nm due to PEB (under PUB pigment deficient conditions), at

-550nm due to PEB (when any amount of PUB substitution occurs at some selected PE

chromophore sites), and PUB absorption at -495nm. To facilitate and simplify subsequent

discussion of the above pigment absorption bands define: PEB(PUB deficient) = PEB(-) peaking

at -565nm.  Similarily, define PEB(PUB present) = PEB(+) peaking at -550nm.  (The grey

vertical bars in Figure 1 label the position and approximate width of some available MODIS

bands.

Extensive experimental evidence demonstrates that upwelled  water-leaving spectral radiances

include backscattering and absorption effects of photosynthetic accessory pigments such as

phycoerythrin. For example, phycoerythrin pigment has been measured over wide areas of the

ocean by active (laser) airborne fluorescence methods since 1979”  while its passive (solar)

detection using upwelled  radiances was first noted in 1986l*  and detailed in 19909. The effects

of phycoerythrin on the submarine light field have also been seen by other investigators. For

example, fluorescence of phycoerythrin was detected as an increase in the 560-600nm  region of

surface upwelling irradiance spectra in Lake Washington13. The airborne active-passive

experiments and the in-water observation of solar induced fluorescencei fully validate the

physical process of in wivo absorption by phycoerythrin. It is the purpose of this paper to present
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(1) the radiance model inversion theory for PE absorption coefficient retrieval and (2) the current

status of the feasibility of its retrieval. Since the absorption of the phycoerythrobilins is only

-10% of the chlorophyll and carotenoid absorption in the 495nm and 545nm regions’, then IOP

models for total backscattering, phytoplankton absorption, and CDOM/detritus must concurrently

possess low variability and high accuracy.

Previous oceanic radiance model inversion theory described retrieval of only three inherent

optical properties (IOP’s): total backscattering, absorption coefficient of chromophoric dissolved

organic matter (CDOM)/detritus  and the absorption coefficient of phytoplankton14.  (The retrieval

of these three IOPs has also been demonstrated using airborne water-leaving radiances? We

strongly recommend that the reader become familar with the content of the latter papers since

some of the material is not repeated within this paper.)

Herein, the radiance model inversion theory is extended to accomodate  PEB(-) absorption

peaking at -565nm,  PEB(+) peaking at -550nm, and PUB absorption peaking at -495nm. This

general theory is then (a) adapted or simplified to provide unmodeled retrieval of the

phycoerythrin absorption coefficient and (b) then applied to airborne water-leaving radiances to

demonstrate the feasibility of its retrieval. The resulting PE absorption coefficient retrieval is

then compared with airborne laser-induced PEB fluorescence.

Phycoerythrin retrieval (and attendant total backscattering coefficient, phytoplankton absorption

coefficient, and CDOM/detritus absorption coefficient) allows scientific investigation of the
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global distribution(s) of the phycoerythrin pigment and in so doing permits definition of the

diversity of phycoerythrin-bearing species especially cyanobacteria. When used in conjunction

with chlorophyll distribution, phycoerythrin distribution studies allow global phytoplankton

variability studies. The global retrieval of the PE absorption coefficient may also improve

understanding of the global nitrogen cycle. This is possible since, for example, the PE-containing

trichodesmium simultaneously fixes nitrogen gas and conducts oxygen-evolving photosynthesis’!

Linear Matrix Inversion of an Oceanic Radiance Model: Retrieval of Modeled IOP’s

The oceanic radiance model” used for our retrievals has been validated for precision’s, used

for inversion studies14 describing the retrieval of three inherent optical properties (total

backscattering, absorption coefficient of CDOM/detritus and the absorption coefficient of

phytoplankton), and applied to airborne water-leaving radiances to demonstrate a preliminary

satellite algorithm for retrieval of these three IOPs”. In Appendix A the 3-band radiance model

inversion theory is extended to accomodate  phycoerythrin absorption due to PEB(+), PEB(-), and

PUB absorption. The phycoerythrin models for PEB(+), PEB(-), and PUB absorption are

described in Appendix B together with the IOP models for phytoplankton, CDOM/detritus, and

total constituent backscattering. (Appendices are used to improve the continuity and

comprehension of the main body of this paper.)
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Linear Matrix Inversion of an Oceanic Radiance Model: Retrieval of Unmodeled

Absorption

If IOP models do not accurately describe the actual in-water constituents for all wavelengths

used in the linear inversion, then the retrieval success may be compromisedL4.  To fully describe

the PE absorption, the three phycoerythrin IOP models described in Appendix B should be

utilized. To accomodate  the retrieval of PE 3 bands are required: one each for PEB(+), PEB(-),

and PUB. Including the three bands for phytoplankton, CDOM/detritus, and backscattering, a

total of 6 bands are thus required when PE is fully modeled. All the IOP models must accurately

describe the IOP’s spectral shapes through 6 wavelengths which span at least -15Onm (from

412nm to 565nm). This is especially difficult, for example, when one considers that present

backscattering models are used to describe the composite scattering from all constituents. Also,

the natural spectral variability of phytoplankton absorption alone cannot yet be modeled and

further contributes errors to the IOP retrievals.

In this section we describe how the fully-modeled retrieval procedure (described in Appendix

A) can be simplified to recover absorption that is not modeled. As discussed previously,

additional absorption is contributed by the PE pigment throughout the -480-565nm region. To

demonstrate the retrieval of unmodeled absorption, let us recover the additional absorption

(phycoerythrin) at 488nm that exceeds the absorption described by the phytoplankton and

CDOM/detritus models. First suppose that the phytoplankton, CDOM/detritus, and backscattering

can be (a) modeled by Gaussian, exponential, and wavelength ratio modelsLJ”5  respectively and
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(b) satisfactorily retrieved by a 3-band inversion using the 412, 531, and 55lnm  MODIS bands.

Suppose further that we desire the absorption at 488nm that is not modeled by the above

phytoplankton, CDOM/detritus, and backscattering models. Then, for additional absorption at

488nm, data in this MODIS band would then be used. Using the results from Appendix B, and

the Gaussian notation defined therein, the retrieval matrix would then have the following form

for h, = 412, h = 488, h = 531, and A4 = 551nm:

(4)

Notice that the unmodeled PE absorption is being retrieved at the 488nm spectral location as

evidenced by the 1 in the PE column within the D matrix and a&488)  in the IOP vector, p. This

arrangement provides for the retrieval of the unmodeled absorption at 488nm that is not fully

accounted for by the phytoplankton and CDOM models.
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Airborne Field Experiments in the Middle Atlantic Bight

Airborne experiments have been conducted in the Middle Atlantic Bight to test the retrieval

of multiple IOP’s from water-leaving radiances. We chose a flight track for April 3, 1995 that

extended from near the mouth of Delaware Bay southeast to the Sargasso Sea as shown in Figure

2is. The complete outbound transect allows a stringent test of the algorithm since 5 different

watermasses are traversed: coastal, shelf, slope, Gulf Stream, and Sargasso Sea. (The inbound

flight line results were not available since other experiments were conducted thereon.) The

airborne active (laser) and passive (solar) instrumentation and its calibration has been previously

described”. The retrieval of the water-leaving radiances from the at-aircraft radiances by removal

of the reflected sky radiance and the reflected path radiance has also been recently described

elsewhere’?

Retrieval Results

Figure 3 shows the results of the 4X4 matrix inversion described by equation 4 to retrieve the

“excess” absorption coefficient at 488nm together with the CDOM/detritus  absorption coefficient,

phytoplankton absorption coefficient, and total constituent backscattering at 412nm. In Figure

3a the retrieved absorption coefficient at 488nm is compared to the laser-induced phycoerythrin

fluorescence emission. Therein, the laser-induced phycoerythrin PEB fluorescence emission has

been regressed to the passively retrieved 488nm absorption coefficient. (The regression was

necessary since work is still in progress to develop an algorithm to directly convert the laser-
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induced and water-Raman normalized phycoerythrobilin fluorescence to absorption coefficient

or to PE pigment concentration.)

The illustrated a&488) absorption is attributed to both PUB and PEB pigment absorption.

However, it is more likely that the majority of the PE absorption derived in the 488nm band is

caused by the presence of the PUB pigment since 488nm is near the PUB absorption peak

(review Figure 1). Additionally, from field observations, it is more likely that PUB-containing

species will be found in mid-shelf and offshore waters1o*‘9 where much of the flight data were

taken. Furthermore, if the absorption were only PEB, and the absorption were extrapolated from

488nm to the peak absorption of either PEB(+) or PEB(-), the level of absorption at these

respective peaks would be inordinately high: 3 to 5 times higher than the absorption found at

412nm for both phytoplankton and CDOM. Since there is such a high correlation between

a&488) and the laser induced fluorescence of PEB, it follows that the PUB pigment levels are

highly correlated to the PEB pigment levels (and this is actually observed in field data’?. As

stated previously, PUB does not fluoresce so there is no truth data for PUB to compare with the

a&488) retrieved absorption.

Figure 3b compares the standard airborne laser-derived CDOM absorption coefficient*’ with the

passively retrieved CDOM absorption coefficient at 412nm,  a,,,(412). Figure 3c compares the

airborne laser-derived phytoplankton absorption coefficient with the passively retrieved

phytoplankton absorption coefficient at 412nm, a,,(412). Finally Figure 3d illustrates the

passively retrieved total constituent backscattering (TCB) coefficient at 412nm. No airborne laser
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instrumentation is yet available to provide truth for the retrieved backscattering product.

The Accessory Pigment Validation Dilemma

To date, satellite algorithms have addressed primarily the retrieval of chlorophyllous pigment.

The retrieval of accessory pigments of chlorophyll (e.g. phycoerythrin) provides an immediate

validation problem when fluorescence methods are used: inherently high correlation between

chlorophyll and the accessory pigment (both of which require concurrent validation). If

chlorophyll and PE fluorescence are highly correlated, then a passive retrieval of PE may be

erronously attributed to chlorophyll since no independent evidence exists to the contrary. This

undesirable (from a validation standpoint) correlation occurs naturally. For example, within a

mono-specific bloom of cyanobacteria the chlorophyll:phycoerythrin pigment ratio within each

cell is highly likely to be relatively constant over the bloom (leading to linearly correlated

fluorescence emissions from both pigments). Fortunately, within large experimental regions,

small validation areas can be frequently found for which there is low correlation between

chlorophyll and phycoerythrin fluorescence emissions’. Within these regions of low correlation

one has increased confidence in the fluorescence-validated pigment absorption coefficients.  We

will now specifically highlight such important low-correlation areas for chlorophyll and PE and

discuss the performance of the PE retrieval algorithm within these specific regions.

Figure 4a, Segment A, shows laser-induced and water Raman normalized chlorophyll and PEB

fluorescence having negative correlation: the PEB fluorescence is increasing in the early portion

of the Segment while the chlorophyll fluorescence is declining. This is an important region to
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evaluate the simultaneous retrieval of both PE and phytoplankton absorption coefficients. In

Figure 4b the corresponding oceanic region, Segment A’, shows the retrieved a&488)  is

correlated to the laser-induced PEB fluorescence throughout the segment (but obviously not

correlated to the phytoplankton chlorophyll fluorescence as demonstrated in Segment A).

Likewise, Figure 4c, Segment A”, shows that the inversion is simultaneously retrieving the

phytoplankton absorption coefficient but not the PE absorption coefficient. Thus, within

Segments A, A’, and A” the data suggests that the algorithm is successfully retrieving the PE and

phytoplankton absorption coefficients concurrently. Similarily, Segments B, B’, and B” also

suggest (but not as strongly) that the algorithm is concurrently retrieving the PE and

phytoplankton absorption coefficients. In other regions it is not easy to determine the success

of the concurrent retrievals because of the high correlation that naturally exists between the PE

and chlorophyll.

The PE inversion (equation 4) was then applied at other MODIS wavelengths longer than

488nm (and thus more consistent with PEB absorption at 550nm and -570nm). These retrievals

had much lower PE correlation than shown in Figure 4b and were, unfortunately, deemed

unsuccessful.

Discussion

Linear matrix inversion methods have been applied to an oceanic radiance model to develop an

algorithm for retrieval of the phycoerythrin pigment absorption coefficient. Simultaneously, the

algorithm retrieves the usual “big-three” inherent optical properties: total constituent
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backscattering coefficient and the absorption coefficients of CDOM/detritus and phytoplankton.

The oceanic radiance model inversion is made possible through the use of IOP models for

phycoerythxin, phytoplankton, CDOM/detritus, and total backscattering. 8

When applied to water-leaving radiances at 412, 443,488, 531, and 551nm and one other non-

MODIS band, 460nm, the fully-modeled matrix inversion algorithm did not produce a satisfactory

retrieval using presently available PE models. The present PE models are based on laboratory

absorption spectra of cultures having varying amounts of PUB substituted at chromophore

binding sites. The light and nutrient history of the cultures probably do not correspond well to

the naturally occuring species being remotely sensed. In addition to the PE model, the retrieval

difficulties are probably due to the total constituent backscattering coefficient model. The total

constituent backscattering model is used to represent the backscattering of all constituents and

accordingly must account for their combined variability; an intimidating and highly challenging

requirement. Additional research effort is recommended to identify the specific weaknesses

within the PE and TCB models.

The fully-modeled inversion algorithm was then simplified to yield a hybrid modeled-

unmodeled inversion algorithm in which the phycoerythrin absorption coefficient was instead

retrieved as unmodeled 488nm absorption (that exceeded the modeled phytoplankton and

CDOM/detritus absorption coefficients). The algorithm was then applied to the same water-

leaving radiances at 412, 488, 53 1, and 55 lnm. The hybrid modeled-unmodeled inversions

yielded viable retrievals of the phycoerythrin absorption coefficient. Validation of the
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phycoerythrin absorption coefficient retrieval was achieved by comparison with airborne laser-

induced phycoerythrobilin fluorescence. To date the most troubling finding is the inadequacy of

the longer wavelength (>488nm) modeled-unmodeled retrievals.

The modeled-unmodeled retrieval of four inherent optical properties by direct matrix inversion

is very rapid and well-conditioned but the accuracy is strongly limited by the accuracy of the

phytoplankton, CDOM-detritus, and TCB IOP models across all four spectral bands.

Additionally, there are several issues with the modeled-unmodeled inversion algorithm that should

be addressed in future studies. Some of the major questions are briefly described below.

The spectral shift of the PEB absorption spectrum caused by the presence of the PUB

pigment is not considered in the modeled-unmodeled inversion technique. As shown in Figure

1, the PEB absorption at 488nm is elevated by the spectral shift of the absorption peak in the

presence of PUB. The retrieved absorption attributed to PEB (and the concentration derived from

the absorption) will be higher than the true value when the PEB absorption peak is blue shifted.

This could cause errors in the derived factors used to convert absorption of PEB to concentrations

of PEB pigment.

The modeled-unmodeled inversion technique does not account for the full spectral shape

of the PEB absorption. PEB absorption occurs in MODIS bands 488, 531 and 551nm [at

different relative levels depending on whether it is PEB(+) or PEB(-)], yet for this modeled-

unmodeled technique it is only accounted for in the 488nm band. PE absorption at 531 and
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55lnm is erroneously embedded in the phytoplankton and CDOM absorption coefficient

retrievals. The current 4 band inversion technique was developed from a 3 band inversion

arranged to retrieve the “big-three” IOPs. Therefore, it is possible that the phytoplankton model

employed for retrieval of 3 constituents has elevated absorption values within the 531 and 551nm

bands that account for unmodeled PEB absorption. Since the PEB absorption and phytoplankton

absorption are highly correlated as determined by the fluorescence data, this unmodeled

absorption may not cause gross errors in the other IOP retrievals. Of course, more accurate

retrievals can be accomplished by fully modeling the PEB spectral shapes in all sensor bands.

The above problems could be resolved with a fully modeled inversion that calculates all

six IOPs: phytoplankton, CDOM/detritus,  TCB, PEB(-), PEB(+), and PUB. This will require

more accurate spectral models for the “big-three” IOPs. Also, since there are at most 5 MODIS

ocean color bands available in the region from 412nm to 560nm, iterative inversion techniques

combined with some additional spectral information will be needed to solve for all 6 IOP values

with only 5 bands. Use of the 667nm band is not recommended since it would greatly

complicate the phytoplankton spectral model (by requiring a chlorophyll absorption peak at

665nm). Additional bands, especially in the blue-green region of the spectrum, are recommended

on future satellites to accommodate more complex inversion techniques.

In addition to the weakness of the TCB model and the PE models, more effort should be

expended on the effect of the PUB chromophore substitution on the remotely sensed radiances

themselves. While the absorption spectral shifts are seen in laboratory spectra, we need to
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determine the extent of the shift in situ and thus how precisely the effect must be modeled.

Furthermore, we have used a single Gaussian phytoplankton spectral model to account for the

combined absorption of chlorophyll, carotinoids, and phycocyanin. The inclusion of chlorophyll-

dependent parameters within this Gaussian model (to account for specific absorption and/or cell

packaging variations) also requires additional research efforts to determine the required precision

of such parameterizations.
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Appendix A. Linear Matrix Inversion of an Oceanic Radiance Model: Retrieval of

Modeled IOP’s

It has been shown’4*1S that a + b, v = 0 where v (=1-1/X) contains the water-leaving radiances

and downwelling irradiance and thus is proportional to the remote sensing reflectance. b, is the

total backscattering coeffkient, and is the scalar sum of the backscattering of sea water b, and

all constituents, b,. I.e., b, = b, + b,,. Herein, b, is called the total constituent backscattering

(TCB) coefficient and is the rigorous sum of the backscattering of all the individual constituents.

Thus, the backscattering from all constituents is combined into this single modelable entity, the

total constituent backscattering, b, b, is a fundamental constant and can be obtained from

published data.

The total absorption coefficient, a, is the scalar sum of the absorption of sea water a, and all

constituents, q. I.e., a = a, + a,. Herein, a, is called the total constituent absorption (TCA). Any

number of absorbing (and backscattering) constituents can be accommodated by invoking the

linear summability principle for IOP’s. a,,, is a fundamental constant and can also be obtained

from published data*‘.

Initially assume that there are only six principal oceanic constituent absorbers: phycourobilin

a,&,), phycoerythrobilin having phycourobilin chromophore substitution, ap,,(+,(hJ,

phycoerythrobilin deficient in phycourobilin chromophore substitution, a+,&J, phytoplankton,

aph, chromophoric dissolved organic matter, acDoM (hi), and detritus, a,&,). (Lower case pub,
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peb-, and peb+ are used in place of the PUB, PEB(-), and PEB(+) for brevity and readability

especially in subscripted notation.) The IOP models are more fully described in Appendix B.

The total constituent absorption is a, = a&J + apeb-0%)  + a,b+(hJ  + a,dU + %0,@,> +

ad,&& To reduce the complexity without severely compromising the retrievals, recall that the

detritus absorption has the same spectral form as the CDOM: it declines exponentially with

increasing wavelength? The spectr al slope of the detritus is, however, considerably more

variable. Ranging from 0.004 to 0.020 [ l/nm] it encompasses the CDOM slope of 0.014 [l/nm]

found by Bricaud24 and the 0.017 determined by Hoge et al.“. The mean spectral slope of

detritus is -0.011 20.002 [ l/nm]“. Thus the complexity of the analysis is reduced if we assume

that the spectral average over all detritus spectral absorption adetr  yields a slope that is equal to

the CDOM spectral slope, S. Then, under this assumption the CDOM spectral absorption, acne,,

and the detritus absorption, adctr, are indistinguishable and modeled as a single entity, ad = aCDoM

+ adeF With these assumptions the total absorption now becomes a = a&’ + a,,,,&) + a,,@,)

+ ap&J + a,@,) + a,(hJ.

At any wavelength h, the model inversion equation, a + b, v = 0, describing the IOP’s then

becomes,

a,,,@,)  + a,,&) + a,,,+&) + a,,,(&) + a,@;) + b&J v(hJ = h(&) (Al)

where, h(hJ is known as the hydrospheric vector, h(hJ 3 -a,@,)  - b,(hJ v(hJ since it contains

all the hydrospheric constants, sea water absorption and backscattering. Of course it also
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contains oceanic water-leaving radiances via the v’s’~?

Equation (Al) contains 6 unknowns for each spectral radiance measurement and no unique

solution is possible. Additional equations are provided by IOP spectral models for a,,,,@,),

a,,&), a,,,+@,), a,,,&), a&), and b&J. These IOP models and Gaussian notations are fully

described in detail in Appendix B. Substitution of the models into equation Al gives,

Notice that the desired IOP’s at their reference wavelengths ai,J&,J, apeb-(&pcb),  aeci,+(&,&,, 9

a&J, mdh and bt@J are linearly related to the vector of hydrospheric constants, sea water

absorption and backscattering, and radiances (via the v’s) on the right side of equation A2. This

is very similar to the equation previously used to analyze the effects of radiance and model

errors14 and retrieve the three primary IOP’s from airborne water-leaving radiances? The

explicit inversion matrices can be immediately written down. For example, six observational

sensor wavelengths at hi, hZ, h,, h,, h,, h6 are used to enumerate or label the rows of the

matrices. The six constituent absorbers/scatterers at their reference wavelengths apub(kr,pub),  apcb

&,lJ~  ap&+@r,peb+~r  aph@r,p&  a&A and b&) respectively label the columns of the explicit

matrix arrangement of equation (A2). Using the mathematical description of the IOP models
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given in Appendix B, we find that,

Or,

Dp = h
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The column matrix, or vector, of hydrospheric constants (sea water absorption and sea water

backscattering), radiances is defined as,

p denotes the state vector of unknown IOP’s

where T is the transpose. (If specific absorption and backscattering coefficients are available,

then constituent concentrations can be obtained’ from these IOP’s14.

The solution of equation A3a for the unknown IOP’s is

p= D” h

where D” is the inverse of D.



LJ

The D matrix must be computed and inverted for every pixel or oceanic radiance spectrum since

it contains data in addition to model parameters. (To reduce the number of matrix elements that

need computation and thus improve the speed of the inversions, the matrix elements in D in

equation A3 can be further simplified by prudent choice of reference wavelengths14.
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Appendix B. IOP Spectral Models

Phycourobilin and Phycoerythrobilin IOP Models

Descriptive information about phycoerythrobilin and phycourobilin has already been given in

the Introduction. Absorption spectra of PEB and PUB pigments’1’0*26  found in phycoerythrin-

containing phytoplankton are shown in Figure Bl. It is important to point out here, as we did

in the main body of this paper, that the PEB spectral peak is found at -565nm  for PUB deficient

species but shifts to -550nm for “PUB-rich” and “PUB-intermediate” strains”. Single Gaussians

will be used to analytically represent the PEB(PUB-rich), PEB(+), the PEB(PUB-deficient),

PEB(-), and the PUB spectral absorption coefficients. To simplify the notation, the following

symbols are defined:

w

where G is a single Gaussian and GN,k is a single Gaussian normalized at the reference

wavelength, Lr The parameter g, defines the spectral width of the Gaussian about the peak

wavelength Ask. The subscript k, represents an IOP modeled by a Gaussian.

When there is no substitution, the phycoerythrobilin pigment absorption coefficient is then,



25

where lower case peb- is used in place of PEB(-) to save space and improve readibility  in

subscripted notation.

When there is PUB substitution, the phycoerythrobilin pigment absorption coefficient is,

These PEB Gaussians  are plotted within Figure Blb and Blc respectively. The Gaussian widths

are &Ye, = 40Snm  (with peak wavelength 7~~~~  = 575nm) and g,, = 33.4nm (with peak

wavelength 7~~~~ = 555nm respectively.

Similarily,  for the PUB absorption coefficient the Gaussian formulation is,

This PUB Gaussian is plotted within Figure Bld for gpub = 12.0nm  and I+.+, = 492nm.
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During actual inversion applications, the Gaussian peaks &,+ , IL&+,+  and hgpub  need not be

located precisely coincident with the respective PEB and PUB absorption peaks as long as the

spectral width parameters, g+, g,, and gpub  permit accurate representation of the relative

specific absorption coefficient in the sensor observational bands being used in the retrieval.

Phvtoplankton  Model. A single Gaussian is used to represent the phytoplankton pigment

absorption coefficient’49’s due to chlorophyll, carotinoids, and phycocyanin (with the

phycoerythrin separately modeled as previously discussed above). The phytoplankton absorption

coefficient is dominated by chlorophyll and the model should probably peak in the 4200460nm

blue-green absorption region,

Again, the Gaussian peak need not be located precisely coincident with the chlorophyll absorption

peak (-440nm)  as long as the spectral width parameter, gpb, permits accurate representation of

the relative specific absorption coefficient in the sensor observational bands (Figure B2a).

CDOM/detritus  Model. A good representation of the spectral absorption coefficient of

chromophoric dissolved organic matte?4’25  and the detrital absorptiot?”  at any wavelength, hi
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relative to the CDOM and detritus absorption coefficient at a reference wavelength hd is (Figure

%i@J = a&J exp [-S(hi - &)I, WI

(where S is the spectral slope). (Again, to reduce the complexity of the analysis herein, we have

assumed that the spectral average over all detritus absorption yields a slope that is equal to the

CDOM spectral slope’4. The reference wavelength, 7~~’ need not coincide with the sensor

observational bands. However, reference wavelengths in the red are avoided since the CDOM

and detrital absorption are lower in these regions. For those wishing to separately include the

detritus along with the CDOM absorption, it is evident how one can extend the matrix inversion

to include it. Because of the dominant character of CDOM, and for brevity, the CDOM/detritus

absorption, ad, may from time to time be referred to as CDOM absorption.)

Backscattering Model. The following model is used to describe the total constituent

backscattering coefficient at any wavelength Ai relative to the total constituent backscattering

at a reference wavelength’4*15  h,,

where n is parameterized by an empirical radiance ratio described below. This TCB model
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(Figure B2c) was chosen by analogy with the work of others. For example, Morel27  provided a

backscattering model for chlorophyll that varied inversely with wavelength. Similarly, for non-

absorbing backscatterers such as coccoliths, Gordon et al.r7 used a (550/h)” where n >l.

Sathyendranath et al.28 suggested a (l/h)”  model for detrital particles. Lee et al.29 used a similar

model and showed that the exponent can vary from 0 - 2.4. Maffione et al.30p31 field

measurements showed that the spectral backscattering exponent can vary from 2.0 to 4.1.

Finally, by inverting (a) a diffuse attenuation coefficient model and (b) the radiance model, we

have recently shown that the TCB model in equation B8 is valid from -410-580nm14.

Accordingly, the reference wavelength, 7~,,,  and computations of b&J are confined to this range.

The reference wavelength, It,, need not coincide with the sensor observational bands14.

Error analyses have shown that the accuracy of the CDOM absorption retrieved by linear

inversion is strongly dependent on the accuracy of the exponent n in the TCB spectral model14.

Accordingly, the spatially variable n exponent30*31*32 should not be held constant. Instead, the n

exponent needs to be varied to accommodate the different types of scattering constituents in the

water masses under observation. This is accomplished by varying n based on a “radiance-ratio”,

L412L551- Using extensive airborne active-passive airborne data, this “radiance-ratio” was found

to be linearly related to the exponent n such that”

n = a, L412/L551  + a2* ( w
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The scale and offset, a, and a*, used to convert the radiance-ratio to the exponent n depend to

some extent on the concentration of the constituent scatterers that make up the TCB coefficient.

The use of a constant scale and offset to convert the radiance ratio to an exponent n will

cause errors in the CDOM retrieval. More data and analyses are needed to derive a set of

“typical” parameters one can expect for different types of reflectance spectra. The parameters

a, and a~, were derived by minimizing the error in the retrieved CDOM coefficient as compared

to the airborne data available for the data set. Hopefully, a table of values can be eventually

produced to allow a user to choose the a, and a2 parameters based on spectral shapes and/or

geographic regions. The need to vary the n exponent would be eliminated if improved

backscattering spectral models were available to better represent the diverse types of scatterers.

Choosing an uncomplicated backscattering spectral model to represent many different constituents

requires empirical methods to fit the various combinations of scattering constituents found in the

global oceans. Further development of the wavelength ratio TCB model is recommended.



30

a

%DOM

ad

adctr

a*

a,b

apcb

a,l’+

apeb *

at

a,

bb

bbt

hw

CDOM

D

g

G

GN,h

h

IOP

Notation

total absorption coefficient, a, + a,, (m-l)

absorption coefficient of chromophoric dissolved organic matter (m-l)

absorption coefficient of CDOM and detritus (m-l)

absorption coefficient of detritus (m-l)

absorption coefficient of phytoplankton (m-‘)

absorption coefficient of phycourobilin (m-3

absorption coefficient of phycoerythrobilin (m-3

abs. coeff. for PEB having PUB chromophore substitution

abs. coeff. for PEB deficient in PUB chromophore substitution

total constituent absorption (TCA) (m-l)

absorption coefficient of water, (m-l)

total backscattering coefficient, b, + b,, (m-l)

total constituent backscattering (TCB), (m-l)

backscattering of seawater (m-l)

chromophoric dissolved organic matter

data and model matrix

phytoplankton Gaussian model spectral width parameter

Gaussian model

Gaussian model normalized at h,

vector of hydrospheric constants

inherent optical property
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k

n

P

PE

PEB

PEB(+)

PEB( -)

PUB

S

TCA

TCB

V

x

h

subscript labeling an IOP being modelled by a Gaussian

total constituent backscattering wavelength-ratio spectral model exponent

oceanic state vector of retrieved IOP’s

phycoerythrin pigment

phycoerythrobilin pigment

PEB with PUB substitution at chromophore binding sites

PEB with negligible PUB substitution

phycourobilin pigment

.spectral slope for ad model

total constituent absorption, a,

total constituent backscattering, b,

(1 - l/X) (dimensionless)

b&bb + a) (dimensionless)

reference wavelength for total constituent backscattering (TCB), (nm)

reference wavelength for CDOM/detritus absorption, (nm)

peak wavelength for Gaussian absorption model (nm)

wavelength of observational bands, i = 1, 2, 3 . . .

common reference wavelength for all IOP’s

wavelength (nm)
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Figure Captions

Figure 1. PEB excitation (absorption) spectra of three cultures of phytoplankton having

phycoerythrin: PUB-rich (WH 8102),  PUB-intermediate (WH 7803), and PUB-deficient (WH

8018)‘O. The peak of the PEB excitation (absorption) spectrum shifts -15nm toward the blue

when PUB chromophores are substituted within the hexameric protein aggregate. The vertical

bars illustrate the location of the 412, 488, 531, and 551nm MODIS bands.

Figure 2. The outbound flight track of the NASA P3-B aircraft with Airborne Oceanographic

Lidar (AOL) and passive radiometeric subsystems on April 3, 1995. (The inbound flight track

data was not available for analyses because of other experiments.)

Figure 3. (a) Comparison of the airborne laser-induced phycoerythrobilin pigment fluorescence

with the passively retrieved unmodeled absorption coefficient at 488nm, a&488).  The laser-

induced fluorescence has been scaled and offset to provide improved agreement with the

passively retrieved absorption coefficient. (b) Comparison of the standard airborne laser-derived

CDOM absorption coefficient” with the passively retrieved CDOM/detritus  absorption coefficient

at 412nm, aJ412).  (c) Comparison of the airborne laser-derived phytoplankton absorption

coefficient with the passively retrieved phytoplankton absorption coefficient at 412nm, aJ412).

(d) The passively retrieved total constituent backscattering (TCB) coefficient at 412nm, b,,(412).

The total backscattering may be obtained by adding the backscattering of water at 412 nm,

b&412). No airborne laser instrumentation is yet available to provide truth for the retrieved

backscatteri ng product.
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Figure 4. (a) Two segments, A and B, displaying negative correlation between laser-induced

phycoerythrobilin fluorescence and chlorophyll fluorescence. These negative correlation regions

are important for illustrating phycoerythrin absorption coefficient retrieval in the presence of

normally-correlated phytoplankton chlorophyll. (b) Two segments, A’ and B’, displaying

correlation of the retrieved unmodeled phycoerythrin absorption coefficient, a&488),  and the

phycoerythrobilin fluorescence. (c) Two segments, A” and B”, displaying correlation of the

retrieved phytoplankton absorption coefficient, a,,,(412), and the chlorophyll fluorescence.
. .

Comparing segments A, A’, and A” the data strongly suggests that the multiband model inversion

is simultaneously retrieving both the phycoerythrin absorption coefficient and the phytoplankton

absorption coefficient. Similarily, comparing segments B, B’, and B” the data suggests, but less

convincingly, that the multiband model inversion is concurrently retrieving both the phycoerythrin

and the phytoplankton absorption coefficients.

Figure Bl. (a) Excitation (absorption) spectra of phycoerythrin PEB having various degrees of

PUB substitution at chromophore binding sites. The presence of PUB causes a lo-15nm blue-

shift in the PEB absorption. This figure panel is identical to Figure 1 and is provided here for

improved understanding of the analytical models. (b) Gaussian model fit to the absorption

spectrum of PEB that is deficient in PUB substitution. The optimum fit is chosen to occur at the

MODIS band positions not the peak wavelength. (c) Same as (b) except for PEB that is rich in

PUB substitution. (d) Gaussian model fit to the absorption spectrum of PUB. The optimum fit

is chosen to occur at the 488nm MODIS band position.
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Figure B2. (a) The phytoplankton model analytically represented by a single Gaussian, (b) the

CDOM/detritus  exponential model, (c) the total constituent backscattering (TCB) wavelength ratio

model.
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Satellite retrieval  of inherent  optical properties
by inversion of an oceanic radiance
model: a preliminary algorithm

Frank E. Hoge, C. Wayne Wright, Paul E. Lyon, Robert N. Swift, and James K. Yungel

A previously published radiance model inversion theory has been field tested by using airborne water-
leaving radiances to retrieve the chromophoric dissolved organic matter (CDOM) and detritus absorption
coefficient, the phytoplankton absorption coefficient, and the total backscattering coefficient. The radi-
ance model inversion theory was tested for potential satellite use by comparing two of the retrieved
inherent optical properties with concurrent airborne laser-derived truth data. It was found that (1)
matrix inversion of water-leaving radiances is well conditioned even in the presence of instrument-
induced noise, (2) retrieved CDOM and detritus and phytoplankton absorption coefficients are both in
reasonable agreement with absorption coefficients derived from airborne laser-induced fluorescence
spectral emissions, (3) the total backscattering retrieval magnitude and variability are consistent with
expected values for the Middle Atlantic Bight, and (4) the algorithm performs reasonably well in Sargasso
Sea, Gulf Stream, slope, and shelf waters but is less consistent in coastal waters. 0 1999 Optical
Society of America

OCZS coa!es: 010.3640, 010.4450, 280.3640, 300.6280.

1. Introduction

Present empirical radiance ratio algorithms1 ap-
plied to satellite ocean color data provide an esti-
mate of only the chlorophyll pigment and cannot
properly account for the absorption and backscat-
tering from other constituents including chro-
mophoric dissolved organic matter (CDOM). Our
object in this paper is to describe the results from
field tests of a theory2 for simultaneously retrieving
three dominant inherent optical properties (IOP’s)
of water-leaving ocean radiance: the CDOM and
detritus absorption, phytoplankton absorption, and
total backscattering coefficients from satellite ocean
color data by linear matrix inversion of a water-
leaving radiance model. (Note that the variable,
total constituent backscattering (TCB),  is actually
retrieved and the total backscattering is simply ob-
tained by adding the constant backscattering coef-
ficient of seawater.)

Radiance model inversion is tested using airborne

F. E. Hoge and C. W. Wright are with NASA,  Wallops Flight
Facility, Building N159, W~lllops  Island. Virginia 2X337. P. E.
Lyon. R. N. Swift, and J. K. Yungel arc  with EC&G.  lncorporntcd,
W;lllops  Flight Facility, W~lllops  Islund.  Virginia 2X1.37.

Rcccivcd 26 ,LIay 1998; revised  manuscript rcccivctl  22 Scptcm-
bcr 1998.

ocean color radiance spectra acquired during two
missions flown under clear sky conditions. The per-
formance of the algorithm is primarily evaluated us-
ing concurrent airborne laser-induced fluorescence
data with a limited amount of supporting measure-
ments made from samples acquired during a cruise of
the University of Delaware Research Vessel (R/V)
Cape Henlopen. Airborne laser-induced fluores-
cence data were chosen as the primary test set be-
cause of ready availability of large numbers of
essentially paired active (laser-induced fluorescence)
and passive ocean color radiance spectra and the
previously demonstrated agreement between ship-
derived chlorophyll and CDOM measurements.
More than 7000 pairs of such active and passive
spectra are acquired along -450-km  flight track in
a single hour covering several different types of
water masses. By comparison, ship data to sup-
port a similar radiance algorithm evaluation would
require more than 24 h to traverse and would thus
have considerable smearing because of advection
and natural changes in the phytoplankton popula-
tion. Moreover, the number of supporting ship
samples would be far lower and statistically less
robust.

At this stage of development, the algorithm is des-
ignated preliminary because ( 1) airborne laser-
induced chlorophyll fluorescence data were used for
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~,t~.ytot)l;~~~ktot~  ;hsoqd.ic)n  cocbt’ficicnt valid;~tion w i t h
only partial  supporting ship observations of’ CDOM
:ln(l  chlorophyll; (2) the coast;11 zone retrievals ;lrc’ not
as consistent as the shelf’,  slope, Gult’  Stream,  and
Sarg:asso  Scu retrievals; (:1) the CDOM and detritus
absorption coefficient is treated as a single tOP to
reduce the required number of spectral bands; and (4)
one of the three IOP’s (backscattering coefficient) has
not been validated.

The detailed theoretical development for linear
matrix inversion of an oceanic radiance model has
been given elsewhere.2 The reader is urged to be-
come familiar with the paper in Ref. 2 because much
of the salient material is not repeated here.

2. Linear Matrix Inversion Methodology

There are many constituents within the ocean that
contribute to upwelled  spectral radiance, and any
number of absorbers and backscattering components
can in principle be retrieved. But for the prelimi-
nary algorithm presented in this paper, the principal
constituents are assumed to be phytoplankton ab-
sorption, c~,(h,); CDOM and detritus absorption,
ad( and TlCB,  bbt(Xi).  It has been shown2 that
these three IOP’s can be retrieved from the following
matrix equation:

qd$>exd- (A, - X,)2/&fI + db)exp[-S(hi - b)l

+ bt(Ab)(b/&YU(Ai)  = h(&), (1)

where h(Ai) = -[U,(Ai)  + b,(Ai)U(Ai)]  is the column
matrix, or vector, of hydrospheric constants (seawa-
ter absorption and backscattering) and the oceanic
water-leaving radiances. See Appendix A for the
definitions of symbols. The U,(Ai) and b,(Ai) are
seawater constants. Each of the IOP models for the
chlorophyll absorption coefficient, the CDOM and de-
tritus absorption coefficient, and the TCB have al-
ready been described.2 The IOP model reference
wavelengths Ag, A,, and A, need not coincide with the
sensor observational bands.2 The matrix formula-
tion of the radiance model inversion exemplified by
Eq. (1) is a powerful framework for IOP retrievals as
well as analysis of errors in the retrievals.2 These
error analyses2 have shown that the accuracy of the
CDOM and detritus absorption retrieved by linear
inversion is strongly dependent on the accuracy of the
exponent n in the TCB spectral model b,,(A)  =
~,,(A,N&,/W”. Although we obtained reasonable in-
versions with a constant n value, better results are
presently obtained if n is not held constant but al-
lowed to vary with the constituent-driven radiances.
Accordingly, the spatially variable n exponenttb6
should be varied to accommodate the dif‘ferent types
of scattering constituents in the water masses under
observation. We accomplished this by varying n
bused on a radiance ratio, ,5,/L,,,  using two of the
three bands being inverted. Numerous airborne
active-passive 7-y)  data sets have shown that this ra-

n = c-t, L,/L, + c-l,. (2)

At the present stage of our algorithm approach we
empirically derive n for each individual data set by
experimentally minimizing the error in the retrieved
CDOM and detritus coefficient compared with CDOM
absorption derived from the laser-induced fluores-
cence measured with the NASA Airborne Oceano-
graphic  Lidar  (AOL).  For example,  the best
retrievals were found when the n factor algorithm for
the 3 April 1995 inversions used a scale a, of 0.282
and an offset uz of 3.82 whereas the 20 April 1995
transects used an a, of 0.245 and an offset u2 of 4.41.
These values of uL and uz are not global, and other
unpublished data sets have given optimal IOP re-
trievals with slightly different a 1 and u2 values. The
need to vary the n exponent would be eliminated if
improved backscattering spectral models were avail-
able to better represent the diverse types of scatter-
ers. Finding a single backscattering spectral model
to represent a multitude of constituents requires em-
pirical methods to fit the various combinations of
these scatterers found in the global oceans.

Equation (1) is linear in the three IOP’s at their
reference wavelengths uph(  X,), u~( A,), and bb( A,).
Three sensor wavelengths are required to provide an
even-determined, consistent solution. The oceanic
state vector of unknown IOP’s at their reference
wavelengths, p = [up&J, a&), WdlT, where T
denotes the transpose, 1s the solution of a matrix
equation of the form Dp = h, where D is the data
model matrix and h is the vector of seawater absorp-
tion and backscattering hydrospheric constants and
radiance data.2 It is important to emphasize that
the D matrix must be inverted for each radiance spec-
trum because it contains radiance data in addition to
model parameters. It is potentially possible to ex-
tend the matrix inversion to a larger number of con-
stituents as long as accurate IOP models can be found
to satisfactorily represent the spectral absorption
and backscattering of each (and sufficient sensor
bands are available in the observational data to yield
a solution). (The column vectors in the D matrix can
be reformulated so that the constants that represent
the spectral models can be referenced to the first
chosen sensor band wavelength A,. This simplifies
the matrix inversion and retrieves constituent IOP’s
as they exist at measured radiance wavelengths.
Accordingly, an alternate form of the D matrix has
been given?  together with suggestions for the deriva-
tion of constituent concentrations from the IOP state
vector p. Our preliminary algorithm in this paper
focuses on even-determined solutions in which the
number of IOP’s (unknowns) is equal to the number
of sensor bands (equations). In this case, the solu-
tions, if obtainable, are unique. Future algorithm
studies will address overdetermined least squares,
weighted  least  squares,  and other  solutions.
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3. Algorithm Validation with Airborne Laser
Spectrofluorometry

A. Phytoplankton Absorption Coefficient  Validation

In our analysis
resccncc measu. .

we utilized AOL laser-induced fluo-
rcmcnts to validate retrieved IOP’s.

During the past -1:3 years this technique proved
valuable for testing algorithms for the retrieval of
CDOM, chlorophyll, and potentially phycoerythrin
from water-leaving radiance spectra. We corrected
the laser-induced fluorescence measurements for
variation in the surface layer attenuation properties
by normalizing these backscattered signals with the
concurrent laser-induced water Raman  signal. 10
Numerous comparisons have shown good agreement
between airborne water Raman-normalized laser-
induced chlorophyll fluorescence (F/R) measure-
ments acquired with the AOL and ship-derived
chlorophyll extraction measurements.7-g,i1-is  Re-
gressions between the extracted chlorophyll mea-
surements and the AOL F/R values yielded a
consistent F/R:pg/l conversion factor over various
sections of the north Atlantic Ocean in spite of the
known fluorescence and unit chlorophyll variability
that was due to nutrient and phytoplankton physiol-
ogy. The effects of light history are minimized by
flying under clear skies near the middle of the day.

Because of (a) the high variability of the fluores-
cence per unit chlorophyll biomass and (b) the circu-
itous nature of biomass-to-absorption conversions,
we use a more direct fluorescence%o-absorption  con-
version to provide a test data set to evaluate the
retrieved phytoplankton absorption coefficient.
There is strong evidence that the fluorescence per
unit of phytoplankton absorption coefficient is con-
stant across wide areas of the ocean surface layer.
Specifically, for a 170~km  distance a constant
fluorescence-to-phytoplankton absorption coefficient
provided remarkable agreement between observed
water-leaving radiances and forward-modeled radi-
ances whereas the chlorophyll biomass varied8 from
0.7  to 27 mg/m3. Thus we assume that the fluores-
cence per unit of phytoplankton absorption coefficient
is constant across the entire experiment track lines.
The laser-induced chlorophyll F/R ratios are con-
verted to absorption values through equations of the
form F/R = k, [~,~(412)]~  or exp{ln[(F/R)/kO]/k,}  =
a,,(412)  where k, and k, are constants. Fluores-
cence per unit of phytoplankton absorption coefficient
conversion factors is sometimes adjusted for different
locations and dates to account for possible nutrient,
light history, or species physiology. Accordingly, the
parameters k, and k, were derived for each mission
location and date to secure the best agreement with
the passively retrieved phytoplanktonhbsorption co-
efficient.

6. Chromophoric Dissolved Organic Matter and Detritus
Absorption Coefficient Validation

Recently it was firmly established through ship and
laboratory experiments that the absorption coeffi-
cient of CDOM is linearly related to the CDOM

-76.00 - 1 5 . 4 1 -71.89 - 7 4 . 3 3 -73.;8 -73.;2 ’- 7 2 . 6 7 -72.11 - 7 1 . 5 6 -7l.M

Fig. 1. Flight location of the AOL system and spectroradiometers
aboard the NASA P-3B aircraft during the afternoon of 3 April
1995 is shown by the outbound southeast ground track line. This
flight traversed five water masses: coastal, shelf, slope, Gulf
Stream, and Sargasso Sea. Flight of the AOL system and spec-
troradiometers aboard the NASA P-3B aircraft on 20 April 1995 is
shown by the outbound (toward the northeast) and inbound (to-
ward the southwest) ground track lines. These latter track lines
traversed only shelf and coastal water types.

fluorescence.16-1g Subsequently it was shown that
the CDOM absorption coefficient IOP can be re-
trieved from airborne laser-induced and water
Raman-normalized CDOM fluorescence in a variety
of oceanographic locations? Because the detritus
contributes little fluorescence to the airborne laser-
induced fluorescence signa1,16Jg  the retrieved CDOM
and detritus absorption coefficient will be only
slightly larger than the airborne laser-derived
CDOM absorption coefficient truth.

C. Total Backscattering Validation

No airborne laser system is presently available for
the retrieval of the total backscattering coefficient.
Thus no truth data are available for the TCB IOP.
Furthermore, little backscattering data are available
from ship cruises, perhaps because multiband instru-
mentation has only recently become available.3 The
passively retrieved backscattering coefficient is con-
sistent with noncontemporaneous determinations for
the Middle Atlantic Bight.

4. Airborne Field Experiments in the Middle Atlantic
Bight

Two airborne experiments conducted in the Middle
Atlantic Bight (MAB)  were selected for the purpose of
testing the retrieval of IOP’s  from water-leaving ra-
diances by radiance model inversion. Figure 1
shows a sampling line occupied during a flight on the
afternoon of 3 April 1995 and by the University of
Delaware R/V Cape Henlopen on 2 April 1995. The
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c011lf)l~~tc~  c~~tt~~ur~~l  tr;inscct  willows :i string:cbnt  test  oi
thcb ;ilgoritllrn  h(~:iusc  live dil’fi~rcnt water n~sses
were  tr’~lvcrsecl: S:u-g:eso  SW. Gult’ Strcanl,  conti-
ncbntal  slope, shelf: and c o a s t a l . (‘I’hc  i n b o u n d
transect was  not anillyzed  beciluse  other  experiments
were conducted during that portion of the flight.) To
further test the algorithm in continental shelf and
coastal waters, we selected an active-passive data set
acquired during a flight conducted between Wallops
Island, Virginia, and Block Island, Rhode Island, on
20 April 1995 as shown in Fig. 1. This latter flight
was not supported by observations from a research
vessel.

A. Passive (Solar) Data

A 256-channel ocean-viewing spectroradiometer was
used to gather upwelled  spectral radiance during the
flights conducted from the NASA Goddard Space
Flight Center P-3B aircraft. This spectroradiometer
was set to provide spectral coverage between -400
and 730 nm and was calibrated by viewing a Lab-
sphere reflectance plaque illuminated by a National
Institute of Standards and Technology (NIST) trace-
able n-radiance  standard lamp. The radiometer cal-
ibration was also checked for consistency by viewing
an internally illuminated 0.75m-diameter calibration
sphere placed beneath the aircraft. This calibration
sphere is similar to the one described by others.20
The output radiance of the calibration sphere is also
traceable to NIST sources. The sphere was a part of
a sea-viewing wide field-of-view sensor intercalibra-
tion round-robin experiment (SIRREX)  calibration
activity. An AOL team member participated in a
subsequent SIRREX forum to further enhance our
knowledge of the characterization of the plaque and
the sphere. The spectral calibration of the spectro-
radiometer is validated by viewing a Hg-Cd source.
The spectroradiometer was found by repeated labo-
ratory experiments to be at least as stable as the
NIST traceable sources. When further tested
against nonfilament radiance sources such as light-
emitting diodes, the stability was likewise found to
equal such sources. The field of view (-2 mrad) and
integration time (-350 ms) yield a pixel size of -0.3
m x 45 m for a flight speed of -125 m/s of the P-3B
aircraft. The radiometer pixels are located -30” off
nadir (port or starboard) to avoid Sun glint. (The
lo-pulse/s  laser footprints are each -0.3 m in diam-
eter but are located directly under the aircraft at 5”
off nadir toward the nose of the aircraft. Thus the
active and passive pixels are not coincident but are
never more than 90 m apart.)

Although the E,,(O  ‘) was obtained from an irra-
diance model, an uncalibrated zenith-viewing 256-
channel spectroradiometer was used to monitor the
hemispherical sky for variability caused by clouds.
Because the airborne data were largely acquired
under blue sky conditions, no retrieval improve-
ment was found by using actual downwelling irra-
diance data. An infrared radiometer (Hcimann
KT-  19 Radiation Thermometer) was used to concur-
rently measure sea surface temperature thus allow-

6. Active  (Laser) Data

The laser-induced fluorescence data were acquired
with the AOL. The laser-induced fluorescence mea-
surement methods were analogous to those already
described.7.S.Z Briefly, 3%nm laser pulses are
transmitted into the ocean to induce the broad spec-
trum CDOM  fluorescence (-360-650 nm) and water
Raman  emission (-402 nm) from the surrounding
water molecules.ZZ The resulting F/R ratio F,,,,,
(450)/R(402),  is linearly related to the CDOM ab-
sorption coefficient 16.ic3 and provides the truth data
for comparison with the CDOM and detritus ab-
sorption coefficient retrieved from the upwelled
radiances.9

Also, 532-nm  laser pulses are transmitted verti-
cally downward into the ocean to induce chlorophyll
(and phycoerythrin fluorescence emission23p24)  from
waterborne phytoplankton and water Raman  emis-
sion from the surrounding seawater molecules. The
concurrent chlorophyll (-670 - 690~nm)  and phyco-
erythrin (--540-595-nm)  fluorescence and water Ra-
man spectral emissions (-645 nm) are collected by
the same telespectroradiometer.

A spectral and radiometric calibration is also per-
formed on the laser receiver radiometer before and
after each flight mission by viewing the 0.75-m-
diameter calibration sphere placed beneath the air-
craft laser-viewing port. Because the laser receiver
radiometer contains photomultiplier tubes (PMT’s),
additional steps are taken to maintain the calibration
during flight. Immediately following the 0.75-m
sphere calibration, a lo-cm-diameter calibration
sphere within the AOL system is viewed by mechan-
ically introducing (at the focal plane of the telescope)
the radiation through fiber optics. The lo-cm
sphere calibration is followed by viewing 40-ns pulsed
radiation from a bank of red light-emitting diodes
located behind the diffraction grating and in front of
the fiber-optic face plate. The small calibration
sphere allows immediate transfer of the 0.75-m
sphere calibration into the aircraft domain at any
time. The pulsed light-emitting diodes then provide
transfer of the ground (and onboard)  dc tungsten
lamp calibrations to the wide bandwidth-pulsed por-
tion of the AOL detection/amplification/digitization
system. Calibration is maintained in flight by peri-
odically viewing the lo-cm calibration sphere.

The original AOL system’-‘*5-:j() was recently modi-
fied to provide more complete rejection of the 532-nm
laser excitation wavelength from the instrument
spectrometer and substantial reduction of scattered
light. Specifically, a narrow-band (notch) transmis-
sion filter was placed into the collimated se,rrment  of
the light path and rejects considerable amounts of
backscattered 532-nm  radiation from the spectrome-
ter. (The 5:32-nm pulse reflected from the notch fil-
ter is viewed by a PM’ and is used to define the ocean
surface target temporally and initiate digitization of
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tllc 11 iior*osc(!rIc(!  spcctrir.  1 ~\\ttttitiOf~ilt  rlloctifici~tiorIS
include the rc:rnoval  of rigid light guides and all turn-
ing mirrors comprising the original optical axis. A
fiber-optic face plate now occupies the focal plane of
the new in-line optical path and transports the spec-
tral radiation to mechanically reconfigured banks of
original PMTs. The resolution of each of the 84
channels of the fiber-optic face plate system is -4 nm.
However, the number of PMT’s currently available
within the redesigned spectrometer is only 28, there-
fore groups of three fiber optical channels were opti-
cally combined at each PMT to achieve -12 nm per
output band for this experiment. The signal path
from the PMT’s through and including digitization
remains essentially the s a m e  a s reported
previously.Y%-29 Compared with the original light
guides, the fiber-optic channels have superior
scattered-light rejection that is attributed to a con-
siderably smaller viewing or acceptance angle.

5. Retrieval of Water-Leaving Radiances from
At-Aircraft Oceanic Radiances

Although the flight altitude was only 150 m, reflected
sky radiance and reflected path radiance must each
be removed from the at-aircraft radiances. The re-
flected sky radiance correction is performed by select-
ing a measured sky radiance spectrum representing
that portion of the sky being reflected into the down-
looking spectroradiometer. Then 0.021 of this sky
radiance31 is subtracted from all at-aircraft radiance
spectra. The path radiance correction was devel-
oped from ocean radiance spectra acquired during
passes conducted at altitudes of 150, 235, 300, and
320 m over a portion of the same water mass on the
morning of 3 April 1995. The nominal amount of
path radiance per meter of flight altitude determined
from this earlier data set was applied to the data
acquired over the entire flight line during the afier-
noon mission. To validate the atmospheric correc-
tion methodology, IOP retrievals were performed
with radiance data acquired at several different alti-
tudes during the morning mission. The results (not
shown) demonstrated that these reflected sky and
path radiance correction procedures were quite sat-
isfactory.

6. Inherent Optical Property Retrieval Results

The inversion of the data model or D matrix2 can be
performed in several ways but we frequently use
lower- upper triangular decomposition. If needed,
singular value decomposition methods can also pro-
vide a quantitative evaluation of any suspected near
singularities.“”

We used sensor bands that are near those of
present and planned satellite sensors. The method-
ology is adapted easily to other band sets. The cho-
sen bands (412, 490, 565-nm)  allow one to (a) avoid
the high variability of the phytoplankton absorption
at 443 nm (because, in agreement with the research
of others,1’:1 unpublished analyses of our airborne
active-passive data suggest that the 44:3-nm  band
does not provide the best retrieval results), and (b)
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Fig. 2. (a) Along-track profile of phytoplankton absorption coeffi-
cient at 412 nm, a,,(412),  retrieved from airborne water-leaving
radiances plotted with chlorophyll absorption derived from concur-
rent airborne laser-induced F/R measurements obtained on the
outbound portion of a flight to the Sargasso Sea during the after-
noon of 3 April 1995. These parameters are also graphed as a
scatter-plot immediately to the right of the profile presentation.
Limited absorption values derived from the supporting ship chlo-
rophyll measurements are .shown plotted as open circles. (b)
Along-track profile of the CDOM and deritus absorption coefficient
at 412 nm, a,(412), retrieved from the airborne water-leaving
radiances plotted along with CDOM absorption measurements de-
rived from airborne laser-induced CDOM F/R. These parameters
are also graphed in the form of a scatterplot immediately to the
right of the profile presentation. A limited number of supporting
ship-derived CDOM absorption measurements are shown as open
circles. (c) Along-track profile of the TCB coefficient, b,,(412),
retrieved from the airborne water-leaving radiances. No truth
data were available to validate the retrieved TCB.

employ the 565~nm  band to avoid the phycoerythro-
bilin absorption near 545 nm (and provide further
reduced CDOM and phytoplankton absorption rela-
tive to bands at -550 nm). Use of the 490-nm band
can carry a penalty of possible contamination from
unmodeled phycourobilin absorption at 495 nm.
Likewise, use of the 555-nm band radiances can po-
tentially suffer from unmodeled phycoerythrobilin
absorption. These latter two error sources are not
considered serious but are undergoing evaluation.

The outbound southeast flight track of 3 April 1995
[Figs. 2(a)-2(c)] shows the inversion of the airborne
water-leaving spectral radiance values plotted as
open diamonds. The retrieved phytoptankton ab-
sorption coefficient [Fig. 2(a)] is compared with the
absorption coefficients derived from the airborne
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solid curve. Also shown within Fig. ‘L(a) as open
circles ;lre chlorophyll :hsor*ption  values derived from
chlorophyl l  ex t rac t ion  measurements  made f rom
s a m p l e s  obtainccl  by the R/V Cape Hcnlopcn  on 2
April, the day prior to the AOL flight. The open
circles were used because of the rather busy appear-
ance of the laser-derived and the model-retrieved
phytoplankton absorption coefficient already present.
The actual phytoplankton absorption value and its
geographic position are located at the center of each
circle.
mg m-”

A specific absorption coefficient of 0.038 m-l
was used to convert the chlorophyll concen-

tration measurements supplied by Rich Geider (Uni-
versity of Delaware) into units of absorption for direct
comparison with the airborne remote-sensing data.
A specific absorption coefficient of 0.038 m-r mg rns3
is within published measurements of in uiuo  absorp-
tion by phytoplankton.34 The retrieved phytoplank-
ton absorption coefficient diverges from the 532-nm
laser-determined absorption values as the track line
approaches the coastal region at approximately
74.25 “W longitude. Although the algorithm per-
forms satisfactorily in Sargasso Sea, Gulf Stream,
slope, and shelf waters, it is not yet satisfactory for
use in coastal waters where unmodeled scatterers
and absorbers may compromise the inversion accu-
racy. (No laser fluorescence data were obtained for
a small section of the track line, around -72.8 “W
longitude.)

Similarly, the retrieved CDOM and detritus ab-
sorption coefficient [Fig. 2(b)] is compared with the
airborne laser-derived CDOM absorption coeffi-
cients.19  Laboratory CDOM absorption measure-
ments on samples acquired from the Cape Henlopen
on the day prior to the remote-sensing flight are
shown as open circles. These surface truthing
CDOM measurements were supplied by Anthony Vo-
dacek (University of Maryland). Familiar CDOM
absorption signatures can be identified readily in Fig.
2(b). For example, the offshore decline of CDOM
absorption is a central characteristic of the
MAB 9,16,19~2  The radiance-retrieved midshelf  val-.
ues of ~(412)  are consistent with other noncontem-
poraneous ship, aircraft, and satellite determinations
of the CDOM absorption coefficient in the MAB.9~16~19
Another central characteristic of the CDOM absorp-
tion coefficient in the MAB is the abrupt decline at
the Gulf Stream western boundary.g+l6.19  During
these experiments, the Gulf Stream western boundary
was located at -73.1 “W longitude (as determined by
the sea surface temperature measurements, not
shown) near where the CDOM abruptly declines.
The error in the CDOM and detritus retrieval around
74.25 “W longitude is thought to be caused by errors
in the estimated n exponent of the TCB spectral
model. The empirical formula used to derive n does
not work well  for the combination of reflectances
found within that particular segment.

In Fig. 2(c)  no backscattering truth data were
available to compare with the radiance-retrieved
TC B coefficient. However, several features of the
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:rlong-tr:~ck  b~ckscattc~ring  sigt1:rtur.c:  ;III’  not:rbte.
First, the backscattering  is somcwh;\t  corrcl:rtc~d  with
the phytoplankton particul;ltcs  whose absorption is
depicted in Fig. 2(a). Second, the backscattering  is
not highly correlated with the CDOM absorption
which suggests, but does not prove, that ( 1) purticu-
l a t e  de t r i tus  absorp t ion  does  no t  domina te  the
CDOM absorption signature, and (2) use of a com-
bined CDOM and detritus model is acceptable for
this preliminary algorithm investigation. Finally,
the total backscattering coefficients, 6,(412)  =
6b,,(412)  + 6,,,(412),  are nominally consistent with
backscattering levels obtained by others.“--‘).“”  It
should be emphasized that the backscattering must
be concurrently retrieved, otherwise its contribution
to the original radiances will be erroneously propa-
gated into the phytoplankton and CDOM and detri-
tus absorption coefficients.2

In Fig. 3 the retrieval results from the 20 April
1995 outbound track are shown. The phytoplankton
absorption retrieval shown in Fig. 3(a) is compared
with the absorption coefficients derived from the air-
borne laser chlorophyll F/R measurements. No sur-
face truthing measurements were available for
comparison with the remote-sensing data acquired
during the 20 April mission. Note that in this data
set the phytoplankton absorption coefficient retrieval
is correlated with the laser-derived phytoplankton
absorption coefficient within the coastal regime at
-75.0 “W longitude. The retrieved CDOM and de-
tritus absorption coefficient, ~(412)  [Fig. 3(b)], is
highly correlated with the 355-nm laser-derived
CDOM absorption coefficient up to -74.75 “W longi-
tude where the retrieval then falters within the
coastal waters. The retrieved bbt or TCB values
[Fig. 3(c)] are consistent with those given in Fig. 2(c).
(Within the segment around -73.0 “W longitude of
Fig. 3 there was no usable data because uncorrect-
able reflectance from a single large cloud severely
contaminated both the laser and the water-leaving
radiance data. The cloud presence was validated
by a sky-viewing spectroradiometer and by direct
visual observation by at least two scientific team
members. Also, the data near -72.1 “W longitude
was removed because of cloud contamination as de-
termined by visual observation and a sky-viewing
spectroradiometer.)

Figure 4 shows the IOP retrievals for the 20 April
1995 inbound track on the return to Wallops Island.
The phytoplankton absorption coefficient retrieval
[Fig. 4(a)] is compared with the absorption coeffi-
cients derived from the airborne laser F/R values.
The correlation of subtle features between the re-
trieved phytoplankton absorption coefficient and the
F/R truth data can be seen. The ~(412)  absorption
coefficient and the CD031  absorption coefficient laser
truth data show similar agreement and correlations.
Again, no backscattering truth data were available,
but the TCB retrievals in Fig. 4(c) are within the
expected nominal range. (Missing data segments
near -73.0 “W longitude and --72.1  “W longitude in
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Fig. 3. (a) Along-track profile of phytoplankton absorption coeffi-
cient at 412 nm retrieved from airborne water-leaving radiances
plotted with chlorophyll absorption derived from concurrent air-
borne laser-induced F/R measurements obtained on the outbound
portion of a flight flown between Wallops Island, Virginia, and
Block Island, Rhode Island, on 20 April 1995. These parameters
are also graphed in the form of a scatterplot immediately to the
right of the profile presentation. (b) Along-track profile of the
CDOM and detritus absorption coefficient at 412 nm concurrently
retrieved from the airborne water-leaving radiances is plotted
along with CDOM absorption measurements derived from air-
borne laser-induced CDOM F/R. (c) Along-track profile of the
TCB coefficient retrieved from  the airborne water-leaving radi-
ances. No truth data were available to validate the retrieved
TCB. Note that the vertical scale for 6,, in (c) is different from (a)
and tb). The blank portions of the track line at -72.3 “W longi-
tude and -72.1 “W longitude denote lost data because of cloud
contamination.

Fig. 4 were caused by the same cloud contamination
discussed in Fig. 3.)

7. Discussion

A previously published radiance model inversion the-
ory has been successfully tested by using airborne
water-leaving radiances to retrieve the CDOM and
detritus absorption coefficient, the phytoplankton ab-
sorption coefficient, and the total backscattering co-
efficient. Linear matrix inversion of water-leaving
spectral radiances was found to perform satisfacto-
rily using airborne water-leaving radiance spectra
even in the presence of instrument-induced noise.
Previous investigations with the inversion methodol-
ogy used simulated radiance spectra containing no
noise from instrument or environmental sources.‘L

-‘=O  3C5  N= I1348
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Fig. 4. (a) Along-track profile of phytoplankton absorption coeffi-
cient at 412 nm retrieved from airborne water-leaving radiances
plotted with chlorophyll absorption derived from concurrent air-
borne laser-induced F/R measurements obtained on the inbound
portion of a flight flown between Wallops Island, Virginia, and
Block Island, Rhode Island, on 20 April 1995. These parameters
are also graphed in the form of a scatterplot immediately to the
right of the profile presentation. (b) Along-track profile of the
CDOM and detritus absorption coefficient at 412 nm concurrently
retrieved from the airborne water-leaving radiances plotted along
with CDOM absorption measurements derived from airborne
laser-induced CDOM F/R. (c) Along-track profile of the TCB co-
efficient retrieved from the airborne water-leaving radiances. No
truth data were available to validate the retrieved TCB. Note
that the vertical scale for bbr in (c) is different from (a) and (b).
The portions of the track line at -72.3 “W longitude and -72.1 “W
longitude denote lost data because of cloud contamination.

Laser-induced fluorescence from CDOM and phy-
toplankton chlorophyll were utilized together with
concurrent ocean color radiance spectra to test the
model inversion methodology for retrival  of the three
most dominant IOP’s: phytoplankton absorption,
CDOM and detritus absorption, and TCB absorption.
A modest amount of supporting chlorophyll and
CDOM data derived from ship samples were shown
for one of the data sets used in this initial application
of the model inversion methodology. The strength of
the airborne laser-derived IOP truth data lies in the
large volume of the concurrent active-passive paired
observations coupled with the diversity of oceano-
graphic provinces traversed during airborne experi-
ments. Previously, airborne chlorophyll and CDOM
fluorescence data had been directed primarily toward
support of major field experimcnts,7-!‘,lI-l~  forward
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T h e  bickscattcring  w:ivel~~ngth r a t i o  model  t-e-
quircs  a v;lriablc exponent to provide the best IOP
retrieval. The value of r~ affects the retrieval of the
CDOM absorption coefficient more than the retrieval
of the phytoplankton absorption coefficient.’ There-
fore large errors in the CDOM and detritus retrieval
can be expected if n is not correct. It is recom-
mended that data from different oceanographic re-
gions and <seasons  be acquired to compile a more
reliable lookup table for a general set of a, and aZ
parameters used to derive n. The availability of
backscattering truth data would allow further im-
provements to the existing model. Accordingly, we
recommend that more attention be paid to this im-
portant parameter.s+-“8 Although shipboard back-
scattering instrumentation is becoming more
available,” the data density is still too sparse to be of
any real utility for general application to different
water masses. We consider knowledge of TCB to be
fundamental to NASA’s satellite algorithm develop-
ment programs. Because there continues to be a
paucity of backscattering data from ship cruises, we
recommend the development of an airborne laser
backscattering measurement capability. Two-
channel crossed-polarization lidar systems show
much promise for airborne retrieval of the total scat-
tering coefficient, but such sensors are not yet ready
for routine use.

The spatial variability of the TCB [Figs. 2(c), 3(c),
and 4(c)] emphasizes the importance of including it in
the retrieval computational process. Had the TCB
not been solved for in the S-band retrieval, then it
must by necessity be constrained by a model (or,
worse yet, a fixed constant) within a 2-band matrix
retrieval. For a fixed-constant backscattering model
(e.g., within a 2 X 2 matrix inversion), the observed
backscattering variability [Figs. 2(c), 3(c), and 4(c)]
would be erroneously propagated into the phyto-
plankton and CDOM absorption coefficient retrievals.

The 443-nm band consistently gave poorer results
than the 490-nm band when used in combination
with the 412-  and 565nm bands. This suggests that
it is important to avoid choosing sensor band loca-
tions within spectral regions having naturally ele-
vated absorption and backscattering variability. In
addition, we found by independent model inversion
studies that the retrieval errors for all the IOP’s are
ra ther  s t rongly  dependent  on  the  phytop lankton
Gaussian spectral model. Retrieval errors are thus
exacerbated by the natural spectral variability”9 of
phytoplankton absorption. By choosing a single
Gaussian phytoplankton spectral modeP as done
here, IOP errors are likely but can be minimized by
avoiding spectral regions of high variability.

T h e  CDOM absorp t ion  l eve l s  in  the  MAB a r e
higher by -2x than found in the Southern California
Bight’”  and the western coast of Florida just outside
Tampa Bay and -3x higher than waters outside
Monterey Bay, California. I!’ Simulated model in-
versions have shown that the inversion process func-
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t i o n s  s;itisf:tctorily ti)r n,,(:Kf,) Icvcls~ t h r o u g h  - 1.0
m ‘. Thus reasonably accurate retrievals should be
expected over wide areas of the ocean. Also, chloro-
phyll levels during these algorithm development field
exper iments  were  no  g rea te r  than  -4-S mg/m”.
However, simulated model inversions suggest that
the algorithm will continue to operate in much higher
(--20-mg/m”)  phytoplankton absorption regimes.2
Forward modeling using water-leaving radiances and
ship-validated chlorophyll concentrations of 0.7-27
mg/m” further suggests that the inversion will per-
form in a satisfactory manner in high-chlorophyll re-
gions.s The mathematical  inversion process will
operate over a wide range of IOP’s with little chance
of singularity, but the user must be alert because
even-determined solutions may return physically un-
acceptable solutions (such as negative IOP’s) when
inaccurate data or model parameters are used.2 Of
course these conditions are easily flagged during the
inversion computations.

This initial field application of the model inversion
methodology worked well in shelf, slope, Gulf Stream,
and Sargasso Sea water masses but not consistently
in the coastal waters. The algorithm remains pre-
liminary pending tests in other oceanic provinces and
comparison with additional airborne laser-induced
fluoresence  data sets with supporting surface truth
measurements. The application of the model inver-
sion methodology to coastal waters will require addi-
tional refinements to the technique.

Appendix A: Nomenclature

ad

aph

a,

bb

b bt

bbw
D

F/R

g

h

N

n

P

S

;
A

Ah
A cf

Absorption coefficient of CDOM and detritus
(m- 9;
absorption coefficient of phytoplankton particles
b-0;
absorption coefficient of water (m-l);
total backscattering coefficient (m-l);  b, = b,, +

b ;

TZB coefficient (m- ‘);
backscattering of seawater (m-l);
data and model matrix;
chlorophyll-fluorescence/water F&man  ratio for
airborne laser data;
phytoplankton Gaussian model spectral width pa-
rameter (nm);
-(acU + bbwu);  vector of hydrospheric constants
and water-leaving radiances;
number of samples used in regression or along-
track profile;
total constituent backscattering spectral model
exponent;
oceanic state vector of retrieved IOP’s at their ref-
erence wavelengths;
spectral slope for the a,, model;
(1 - l/X) (dimensionless);
h,,/th,,  + a) tdimensionless);
wavelength 1 nm );
reference wavelength for TCB (nm);
reference  wavelength  for CDOM  and  detritus ab-
s o r p t i o n  (nml;



I\,. I)t*;tk  w:lvt4tbngth fi)r (;;lllssi;\n phytoplankton  ab-
~oq~tiorl  r~io~l~!l  I nfn);

11, w;~vol(~ngth  of’obsCTV;ltiorl;ll  bands,  i = 1, 2, 3.
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Spatial  variability of oceanic
phycoerythrin spectral types derived from airborne
laser-induced  fluorescence emissions

Frank E. Hoge, C. Wayne Wright, Todd M. Kana, Robert N. Swift, and James K. Yungel

We report spatial variability of oceanic phycoerythrin spectral types detected by means of a blue spectral
shift in airborne laser-induced fluorescence emission. The blue shift of the phycoerythrobilin fluores-
cence is known from laboratory studies to be induced by phycourobilin chromophore substitution at
phycoerythrobilin chromophore sites in some strains of phycoerythrin-containing marine cyanobacteria.
The airborne 532-nm laser-induced phycoerythrin fluorescence of the upper oceanic volume showed
distinct segregation of cyanobacterial  chromophore types in a flight transect from coastal water to the
Sargasso Sea in the western North Atlantic. High phycourobilin levels were restricted to the oceanic
(oligotrophic) end of the flight transect, in agreement with historical ship findings. These remotely
observed phycoerythrin spectral fluorescence shifts have the potential to permit rapid, wide-area studies
of the spatial variability of spectrally distinct cyanobacteria, especially across interfacial regions of
coastal and oceanic water masses. Airborne laser-induced phytoplankton spectral fluorescence obser-
vations also further the development of satellite algorithms for passive detection of phytoplankton
pigments. Optical modifications to the NASA Airborne Oceanographic Lidar are briefly described that
permitted observation of the fluorescence spectral shifts. 0 1998 Optical Society of America

OCIS  codes: 010.3640, 010.4450, 300.2530, 300.6450, 300.6280.

1. Introduction

Since 1979, laser-induced phycoerythrin (PE) fluores-
cence has been observed from airborne platforms,
specifically the NASA Airborne Oceanographic Lidar
(AOL).’ Until now, phytoplankton fluorescence in
the yellow band (580~nm  region) was ascribed only to
the general PE pigment class,2 and it has been used
as a diagnostic signal for the presence of marine cya-
nobacteria, cryptophytes, or both in surface waters.
PE exists in a number of distinct spectral forms, how-
ever, depending on species and photoacclimative
state. These spectral types tend to be segregated in
the oceans across inshore-offshore gradients related
to nutrient status and clarity of the water.3*4  Re-
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mote measurement of the spatial variability of these
spectral types by use of the AOL was a goal of the
present research. (A long-term goal of this research
is to use such spectral fluorescence emissions in the
development of satellite retrieval algorithms, even-
tually leading to global oceanic speciation mapping in
the surface layer.)

PE is a class of pigment-protein macromolecule
with chromophores that absorb light in the 480~560-
spectral region. In cyanobacteria the functional
light-harvesting unit is a hexameric protein aggre-
ga te  ( somet imes  assoc ia ted  wi th  an  add i t iona l
pigment-protein monomer) that contains 34 to 38 co-
valently bound chromophores. These chromophores
are of two types: phycoerythrobilin (PEB), which
absorbs in the GO-565nm  region, and phycourobilin
(PUB), which absorbs in the 495nm region. PEB is
necessary for energ transfer between units of the
photosynthe t ic  l igh t -harves t ing  an tenna  and  i s
therefore found in all  PE-containing marine cya-
nobacteria.  Some strains of cyanobacteria have
PUB substituted at selected chromophore binding
sites on the PE molecule, conferring greater light
absorption in the blue-green region of the spectrum.
A high degree of PUB substitution with dominant
absorption peaks at  49.5  nm is notable in specific
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Sea water masses of the western North Atlantic
Ocean in early April 1995.
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Fig. 1. PEB excitation spectra and fluorescence emission spectra
of three cultures of phytoplankton that have PE: PUB rich (‘WI3
8102; diamonds), PUB intermediate (WI4 7803; triangles), and
PUB deficient (WH 8018; circles). (A) The peak of the excitation
spectrum shifts toward blue wavelengths when PUB chro-
mophores are substituted within the hexameric protein aggregate.
(B)  As with the excitation spectra, the peak of the fluorescence
emission spectrum shifts toward blue wavelengths when PUB
chromophores are substituted within the hexameric protein aggre-

strains of the ecologically important marine cya-
nobacterium genus Synechococcus.5 The PE spec-
tral absorption band peaks near 565 nm when only
PEB chromophores are present [Fig. l(A)]. The
presence of PUB chromophores (with absorption-
band peak at 495 nm) causes a lo-15-run  blueshift in
the peak wavelength of the PEB absorption spec-
trum. Specifically, for PUB-containing PE the PEB
absorption band occurs near 550 nm, regardless of
the relative amounts of PUB and PEB [Fig. l(A)].
Notice that 532-nm  laser emission can be absorbed by
both PEB and PUB chromophores (though not opti-
mally by either).

PE fluorescence, regardless of the presence or ab-
sence of PUB, is always redshifted relative to the PEB
absorption peak, indicating that only PEB chro-
mophores fluoresce5 [Fig. l(B)]. For PUB-deficient
PE, the fluorescence emission band of PEB peaks at
-580 nm [Fig. l(B)]. However, the peak fluorescence
emission wavelength from PUB-containing PE is blue-
shifted [Fig. l(B)]. This spectral shiR in fluorescence
emission provides the possibility of identifying spectral
strains by means of a single-wavelength excitation li-
dar system by measurement of the emission spectra of
PE fluorescence.

Recent modifications to the original receiver optics
of the AOL have resulted in significant rejection of
backscattered 532-nm radiation accompanied by a
substantial reduction of scattered light within the
spectrometer. These improvements now permit ob-
servation of laser-induced fluorescence in the 560-
570-nm  band, thus facilitating observation of the
shorter-wavelength emission of PUB-rich cyanobac-

A. Airborne Data Acquisition

The requisite data were acquired on 3 April 1995 with
the AOL flown aboard the NASA Goddard Space
Flight Center P-3B aircraft. The laser-induced flu-
orescence measurement methods were analogous to
those already published.6a7 Briefly, a 532-nm  laser
pulse is transmitted vertically downward into the
ocean to induce phycoerythrin and chlorophyll fluo-
rescence emission from waterborne phytoplankton
and water Raman emission from the surrounding
seawater molecules.

The concurrent phycoerythrin (-540-595-nm),
chlorophyll (-670-690-nm),  and water Raman (-645-
nm) spectral emissions are collected by a telespectro-
radiometer. The  or ig inal  AOL systems-l2  w a s
modified to provide rejection of the 532-nm laser exci-
tation wavelength from the instrument spectrometer
and substantial reduction of scattered light. Specifi-
cally, a narrow-band holographic notch transmission
filter placed into the collimated segment of the light
path effectively rejects backscattered 532-nm laser ra-
diation from the spectrometer. (The 532-nm  pulse
reflected from the holographic notch filter is in turn
viewed by a photomultiplier and is used to temporally
define  the ocean surface target and initiate digitization
of the fluorescence spectra.) Additional modifications
include the removal of rigid light guides and all turn-
ing mirrors that constitute the original optical axis.
A fiber optic face plate now occupies the focal plane of
the new in-line optical path and transports the spectral
radiation to mechanically reconfigured banks of origi-
nal photomultiplier tubes. The resolution of each of
the 84 channels of the fiber optic faceplate system is
-4 run. However, the number of photomultiplier
tubes currently available within the redesigned spec-
trometer is only 28; therefore we optically combined
groups of three fiber optical channels at each photo-
multiplier tube to achieve -12-nm resolution per out-
put band for this experiment. The signal path from
the photomultiplier tubes through and including digi-
tization remain essentially the same as reported
previously.R-lZ Compared with the original light
guides, the fiber optic channels have superior
scattered-light rejection attributed to a considerably
smaller viewing or acceptance angle.

A spectral and radiometric calibration is performed
before and after each flight mission by viewing an
internally illuminated 0.75m-diameter calibration
sphere’:’ placed beneath the aircraft telescope view-
ing port. Immediately following the 0.75-m sphere
calibration, a lo-cm-diameter calibration sphere
within the AOL system is viewed by mechanical in-

20 July 1998 jj Vol. 37. No. 21 ,; APPLIED OPTICS 4745



trodwtion  (at the fixA plane of the telescope) of the
radiation via fiber optics. The small calibration
sphere permits immediate transfer of the 0.75-m
sphere calibration into the aircraft domain for peri-
odic in-flight calibration. The LO-cm sphere calibra-
tion is followed by viewing 40-ns  pulsed radiation
from a bank of red LED’s located behind the diffrac-
tion grating and in front of the fiber optic faceplate.
The pulsed LED’s provide transfer of the ground (and
onboard)  dc tungsten lamp calibrations to the wide-
bandwidth pulsed portion of the AOL detection-
amplification-digitization system.

The redesigned AOL fluorosensor is flown along
with several additional sensor components and sub-
systems. These include two infrared Heimann
KT-19 radiation thermometers to measure sea sur-
face temperature (SST), a down-looking 256-channel
spectroradiometer to gather ocean color radiance,
and an uplooking 256 channel spectroradiometer
equipped with a cosine collector to acquire down-
welling solar n-radiance. Both of the auxiliary spec-
troradiometers are set to provide spectral coverage
between -400 and -720 run. The SST profile data
acquired with the Heimann radiometers are pre-
sented in Section 3 below to aid in the interpretation
of the phycoerythrin fluorescence profiles. The
ocean color radiance and solar k-radiance data gath-
ered with the two auxiliary spectroradiometers are
not included in this paper but will be used in
follow-on studies with the laser-induced phyco-
erythrin fluorescence data.

B. Laboratory Procedures

In uiuo fluorescence excitation and emission spectra
were determined on cultivated Synechococcus clones
containing PE with high, medium, or no PUB chro-
mophores typical of three spectral classes of marine
Synechococcus. Clones were obtained from the
Vmo;ds  Hole culture collection and grown at -50 FE

s-l and 20 “C in F/2 (-Cu) media with a Sar-
gasso Sea water base. Fluorescence measurements
were made on an SLM/Aminco Model 500C spec-
trofluorometer with 4-nm excitation- emission band-
passes, corrected emission signals, and excitation
ratio mode.

3. Results

A. Laboratory Observations

Fluorescence excitation and emission spectra for
three Synechococcus strains are shown in Fig. 1.
These strains represent maximum and minimum
PUB/PEB ratios (and a typical intermediate form
found among numerous isolates of Synechococcus
from around the world). Laser light (532 nm) ex-
cites all spectral forms, mainly by exciting the blue
absorption tail of PEB. PUB absorption is weak at
532 nm.S Because of the possibility of mixtures of
spectral types in the water column and variations
in quantum yield of PE fluorescence owing to photo-
acclimative and nutrient response processes,1’(v15
quantitative estimates of PE based on spectral

I’) ‘,
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Fig. 2. Flight tracks of the NASA P3-B  aircraft with the AOL
system on 3 April 1995. The flight was initiated from Wallops
Island toward the northeast, reoriented -90”. and directed south-
east to -72 “W longitude and -36 “N latitude. The flight track
then traversed toward the northwest and terminated within Del-
aware Bay. The flight track deviation at 73.25 “W longitude and
-37.25 “N latitude was made to avoid a military field operation
that was being conducted in that vicinity.

fluorescence are imprecise. However, it is possible
to develop an index of the relative occurrence of PUB-
containing forms by quantifying the ratio of fluores-
cence in the short- and long-wavelength emission
bands.

The sensitivity of this index to PE with and without
PUB can be seen in the separation between the two
fluorescence emission bands (Fig. 1). With the new
capability of the AOL to resolve the 566-nm  band, it
is possible to detect the emission band of PUB-
containing organisms, which yield a signifkantly
higher ratio of the 566-593 optical channels than
that obtained from PE lacking PUB. Thus the spec-
tral fluorescence emission of PE-rich Synechococcus
cultures suggests that naturally occurring species
that have PUB can potentially be distinguished from
PUB-lacking species by use of airborne laser spec-
trometry. The actual performance of a 532-nm
source for defining relative PEB and PUB amounts is
not easily determined from an analysis of laboratory
excitation and emission spectra of cultures that con-
tain PEB and PUB. Airborne field results are a bet-
ter indicator of the potential effectiveness of the laser
source and the entire methodology.

B. Airborne Observations

Figure 2 shows the flight track of the AOL on 3 April
1995. The flight was initiated from Wallops Island
toward the northeast, reoriented -9O”, and directed
southeast to 72 “W longitude and 36 “N latitude.
There the flight track was reversed and traversed
toward the northwest and terminated within Dela-
ware Bay. The flight track deviation near 73.25 “W
longitude and 37.25 “N latitude was made to avoid a

4746 APPLIED OPTICS / Vol. 37, No. 21 / 20 July 1998



75 74 73 72
WEST LONGITUDE

Fig. 3. (a) 532~nm  laser-induced and water Raman-normalized
PE fluorescence in the 566- and 593~nm AOL bands acquired dur-
ing the west-to-east (outbound) flight track. (b) Ratio of the
566nm fluorescence to 593~nm fluorescence. In the slope waters
at -73.4 “W longitude the 566/593 nm ratio begins increasing in
the offshore direction. (c) 532-nm laser-induced and water
Raman-normalized chlorophyll fluorescence acquired during the
outbound flight track. The chlorophyll fluorescence is highly cor-
related with the PEB fluorescence within the shelf water mass,
except within the colder water flanking the coastline at the west-
em end of the flight track. The SST data are from the airborne
infrared radiometer.

military field operation that was being conducted in
that vicinity.

Figure 3(a) shows the 532~nm  laser-induced PE flu-
orescence in the 566-  and the 593~nm bands (both
bands have a width of -12 nm) acquired during the
west-to-east (outbound) flight track. (The 593~nm
band was used in lieu of the 580~nm band to provide
wider spectral separation.) The ratio of the fluores-
cence signal in the 566~nm band to that in the 593~nm
band is plotted in Fig. 3(b), and profiles of the SST and
laser-induced chlorophyll fluorescence are shown in
Fig. 3(c) to aid in the interpretation of the PE fluores-
cence profiles. Figure 4 contains the corresponding
profiles acquired during the east-to-west (inbound)
flight track. (The laser-induced PE and chlorophyll
fluorescence bands have been normalized by the water
Raman  signal at -645 nm to remove variability in
attenuation properties within the upper portion of the
water column. l.lB) One can readily see the precision
or high measurement reproducibility of the AOL fluo-
rosensor by visually comparing the fluorescence pro-
files from the outbound and the inbound flight tracks
in Figs. 3 and 4, respectively. The locations of even
relatively fine features are apparent in the contrasted
profiles captured with the aircraft flying in the oppo-
site direction. [The western portions of profiles
should not be directly compared with one another west
of 74.3 “W because the flight paths were not overlap-
ping (see Fig. 21.1 The locations of the coastal, shelf,

a0 -4 -32
x COASTAL
5 ao-

SHELF SLOPE GULP sm. cc>

WEST LONGITUDE

Fig. 4. (a) 532~nm laser-induced and water Raman-normalized
PE fluorescence in the 566- and 593~nm bands acquired during the
east-to-west (inbound) flight track. (b) Ratio of 566-nm fluores-
cence to 593-nm fluorescence. (c) 532-nm laser-induced and wa-
ter Rarnan-normalized chlorophyll fluorescence acquired during
the inbound flight track. The chlorophyll fluorescence is highly
correlated with the PEB fluorescence within the shelf water mass.
The SST data are from the airborne infrared radiometer.

slope, Gulf Stream, and Sargasso Sea water masses
have been labeled in both Figs. 3 and 4.

The along-track profiles of the PE fluorescence
bands [Figs. 3(a) and 4(a)] suggest the presence of
both PUB and PEB pigments over the entire flight
line. However, the relative strength of the laser-
induced PE fluorescence in the 566- and 593~nm
bands varies systematically. This systematic vari-
ability is especially apparent in Figs. 3(b) and 4(b), in
which the 566-nm fluorescence has been ratioed  to
the 590-nm fluorescence. The intensity of fluores-
cence attributed to PUB-containing PE is seen to be
elevated over the slope, Gulf Stream, and Sargasso
Sea regions, whereas the intensity of fluorescence
from PUB-lacking PE appears highest over the shelf
region.

These airborne and laboratory observations are
consistent with known distribution patterns for the
two pigments; i.e., phytoplankton containing higher
portions of the PEB pigment are generally associated
with coastal waters, whereas the PUB-bearing organ-
isms, in general, are the dominate PE pigment in
offshore, oligotrophic waters.:lv-’ The chlorophyll flu-
orescence can be seen to covary  with the PEB pig-
ment over most of the flight line, except for the
easternmost portion of the outbound survey. In the
inbound survey (Fig. 4) the strong correspondence
between chlorophyll and PEB fluorescence continues
within the eastern portion of the flight line at the
entrance to Delaware Bay.

4. Discussion

Laser-induced fluorescence from the phycoerythrin
PEB pigment fluorescence has been remotely ob-
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st~rv(d s i  rice 1979.  ’ Hc)wowr. the prcscncc!  ot
SE-nrn  laser l i g h t  sc:~ttcreci  i n t o  t h e  fluoroscnsor
spectrometer resulted in masking the presence of
shorter-wavelength PE fluorescence. Reccn t modi-
fications to the tluorosensor  spectrometer (especially
the implementation of a narrow-band holographic
notch filter, use of fiber optics instead of light guides,
and elimination of turning mirrors) have resulted in
almost complete rejection of backscattered laser light
and a substantial decrease in all scattered light.
Laser-induced PE fluorescence spectra acquired with
the AOL over coastal, shelf, slope, Gulf Stream, and
Sargasso Sea waters of the Middle Atlantic Bight
during early April 1995 contain an -12-nm band
centered at 566 nm, which is distinct from the band
centered at 593 nm. The capability to measure re-
motely the spectral shift associated with PUB-
containing PE suggests a potential application of
airborne laser fluorescence methodology to wide-area
mapping of the relative spatial variability of PE.
This application may find more use in coastal-
midshelf  regions (and in coastal-oceanic transition
zones) where the relative presence of the chro-
mophoric types would be expected to be more vari-
able, as can be seen from the April 1995 airborne
fluorescence data set.

The excitation spectra of cultures (Fig. 1) and the
excitation spectra of filtered surface samples17
strongly suggest that the best bands for passive (so-
lar) detection of PUB and PEB absorption are -495
nm for PUB and -555 nm for PEB. However, an
important application of airborne wide-area fluores-
cence variability is the actual development of algo-
rithms to retrieve the PUB and PEB absorption
coefficients from water-leaving radiance data. Ap-
plication of such algorithms to satellite ocean color
imagery could lead to global PUB and PEB pigment
maps similar to the chlorophyll scenes produced from
Coastal Zone Color Scanner data. For example, con-
currently observed water-leaving radiances can be
used to identify optimum bands for retrieving PUB
and PEB pigment absorption by application of meth-
ods similar to active-passive correlation spectrosco-

18 Also, optimum PUB and PEB absorption band
ications  can potentially be improved by use of the
airborne laser PE fluorescence data (together with
concurrent chlorophyll and chromophoric dissolved
organic matter laser-induced fluorescence data6*7
within radiance modelslg) Once the optimum color
band locations have been identified, the PUB and
PEB absorption coefficients can, at least in principle,
be retrieved from radiance or reflectance models.20
Finally, the arduous task of establishing valid spe-
cific absorption coefficients for PUB and PEB must be
accomplished before the absorption coefficients of
these pi,ments can be converted into concentrations.

The PUB and PEB identification algorithm herein
uses only two bands, located on the bluest and red-
dest portions of the PE fiuorescence emission spec-
t rum.  Future  e f for t s  wi l l  inves t iga te  the  use  of
other algorithms, including the centroid algorithm.
That algorithm calculates the ccntroid of the entire
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PE emission band. The ccntroid shifts to bluer
w:tvelcngths i n  the  p resence  o f  add i t iona l  PUB.
Comparative analyses will  be used to determine
whether PUB and PEB identification is improved.

The passive observation of PE pigment by active
passive (laser-solar) correlation spectroscopy meth-
odslH has  been  repor ted .”  Now,  fo l lowing  l ase r
observations of the PEB variability, the potential ex-
ists to investigate the feasibility of detecting and
eventually quantifying both PUB and PEB pigment
absorption coefficients by use of oceanic water-
leaving radiances. The presence of both PUB and
PEB absorption within water-leaving radiances will
be established as before, except that both the PUB
and the PEB pigments will now be sought by corre-
lation spectroscopy’8 methods. These analyses a r e
beyond the scope of this paper, and future investiga-
tions will address the potential detection of both PUB
and PEB pigments by use of oceanic upwelled  radi-
ances.
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Satellite retrieval  of inherent  optical  properties  by linear
matrix inversion  of oceanic  radiance  models:
An analysis of model  and radiance  measurement  errors
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Abstract. The linear summability of inherent optical properties (IOPs) is exploited to
provide matrix equations for retrieval of phytoplankton absorption, dissolved organic
matter, and constituent backscatter. Spectral models for the phytoplankton pigment
absorption coefficient, chromophoric dissolved organic matter (CDOM) absorption
coefficient, and total constituent backscatter (TCB) coefficient are first used to calculate 5
X 105  water-leaving spectral radiances for a wide range of normally distributed IOP values
at 410, 490, and 555 nm. Then, the spectral radiances are inverted to simultaneously
provide phytoplankton pigment absorption coefficient, CDOM absorption coefficient, and
total constituent backscatter coefficient on a pixel-by-pixel basis to demonstrate that (1)
matrix inversion is very rapid and well conditioned, (2) the IOPs  are exactly determined
when the water-leaving radiances and IOP spectral models are error free, (3) for equal
radiance errors sequentially occurring in one of three sensor bands, phytoplankton
pigment retrieval errors are generally higher than CDOM and TCB coefficient errors, (4)
retrieval errors for all the IOPs are strongly dependent on phytoplankton pigment spectral
model Gaussian width errors, (5) phytoplankton pigment absorption and CDOM
absorption retrieval errors are more sensitive to CDOM spectral slope errors than the
TCB coefficient retrievals, and (6) TCB wavelength-ratio-exponent errors produce less
impact on the phytoplankton absorption coefficient retrieval than upon the CDOM
absorption or the TCB coefficient retrievals.

Introduction

Study of the global biogeochemical cycles requires quantifi-
cation of the amount of organic matter found in all the world’s
oceans [Siegenthafer  and Sarmiento,  19931.  It is also desirable to
know the concentration of chlorophyll (hereafter generically
called phytoplankton pigment) because it too contributes to
the net atmosphere-ocean carbon dioxide flux. Present empir-
ical radiance ratio algorithms applied to satellite ocean color
data provide only an estimate of the phytoplankton pigment
and cannot account for the chromophoric dissolved organic
matter (CDOM) and the absorption of numerous other con-
stituents.

One method to retrieve CDOM and other constituents is by
the inversion of oceanic radiance models (or alternately, re-
flectance models). Oceanic radiance models describe the gen-
eration of upwelled water-leaving spectral radiance caused by
backscatter and absorption of the incident downwelling solar
irradiance. In radiance models, total absorption is the sum of
the absorption of the water molecules and constituents. Like-
wise, total backscatter  is the sum of the backscatter of the
water ;Ind constituents. This summability  of absorption (and
backscatter)  is exploited to provide equations that fully de-
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scribe the retrieval of inherent optical prop&ties (IOPs)  from
upwelled water-leaving radiances.

It is the objective of this paper to (1) describe the feasibility
of the linear matrix inversion of radiance models, (2) show that
the inversion is very rapid and free of singularities, (3) quantify
errors in IOP retrievals as induced by errors in the upwelled
water-leaving radiances, and (4) quantify errors in IOP retriev-
als as induced by model uncertainties. The analyses are limited
to three sensor bands and IOP models. No attempt is made to
apply the linear matrix inversion to actual airborne and satel-
lite-derived water-leaving radiance data to retrieve IOPs  (from
which the constituent concentrations can be obtained).

The Oceanic Radiance Model
The oceanic radiance model [Gordon et al., 1988) chosen for

the retrieval has been utilized for prediction of upwelled radi-
ance at the sea surface as a function of phytoplankton pigment
concentration [Hoge er al., 1995a].  It has been used to success-
fully calculate water leaving radiances using phytoplankton
absorption derived from airborne laser-induced and water-
Raman-normalized  chlorophyll fluorescence [Hoge  et al.,
1995a].  The model has also been inverted by sequential con-
vergent iteration to retrieve  the CDOM absorption coefficient
from satellite coastal zone color scanner (CZCS) data [Hoge  et
uf., 1995bj.  The inversion methods described herein are fully
applicable to reflectance  models with only minor modifications
[Curd0-  mtf Stewml,  10x5; Curder  et uf., 1986, 1989, 1991;

I O.h.3 I
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hforel. IOHX;  Surhyendrunurh  et u l . .  1W9;  Rodcr untl Pmy.
IYM].  (Before applying these techniques to satellite or air-
borne data, the reader may wish to include bidirectional re-
flectance effects [Morel und Gmtili,  1991, 1993; Morel er ul.,
19953  that were outside the scope of the present study. Also,
geometrical shape factors should be included in the model;
otherwise, backscatter coefficient retrievals can contain errors
of 140% depending on the solar angle and hydrosol constitu-
ents [Weideman  er al., 19951.)

The complete water-leaving radiance model [Gordon et al.,
19881  is

L(A) = ~,~UA,)  ~0s M’,)MRIQ, (1)

where F, is the extraterrestrial solar irradiance, 8,, is the solar
zenith angle, t( 0,) is the diffuse transmittance of the atmo-
sphere, and R is the irradiance reflectance just beneath the sea
surface. There, R = E,/E,,  where E, and E, are the up-
welling and downwelling irradiances, respectively, just beneath
the surface. Q is the ratio of the upwelling radiance to the
upwelling irradiance toward zenith. M is defined by

M = (1 - p)(l - p)/m*(l  - rR), (2)

where p is the Fresnel reflectance of the sea surface for normal
incidence, I, is the Fresnel reflection albedo of the sea surface
for irradiance from the sea and sky, M is the index of refraction
of seawater, and r is the water-air reflectance for totally diffuse
irradiance. For the (1 - rR) term, r - 0.48 and accounts for
the effect of internal reflectance of the upwelling radiance field
by the sea surface. The maximum value of R for case 1 waters
is 0.08-0.09 so the term rR is small in blue waters but may be
much larger in coastal waters. Nearly independent of wind
speed, the value of p is taken to be 0.021 over the visible
spectrum. Gordon et al. [1988]  further indicate that fi depends
in a complicated manner on the solar zenith angle through the
dependence of the relative amounts of direct sunlight and
diffuse skylight incident on the sea surface. They indicate that
fi < 0.1 when 0, < 60”  which is typical of most CZCS appli-
cations. Finally, Gordon et al. [1988]  suggest that for 0 I 0, 5
60”, the term (1 - fi) would be expected to vary between 0.934
and 0.979. For these conditions, M was chosen to be a constant
-0.55. The extraterrestrial solar irradiance F, values were
taken from Gregg and Carder [1990].

Gordon et al. [1988]  have determined that for 0, L 20”, R/Q
can be directly related to the total absorption a and the total
backscatter b, by

R/Q = (1,X + I&‘) (3)

where I, = 0.0949, I, = 0.0794, and

X = b&b,  + a). (4)

Gordon et al. [1988]  also concluded that the error in (3) is
significantly less than 10% for a wide range of realistic scat-
tering phase functions and that for H,, I 20“.  R/Q depends on
the details of the scattering phase function in the backward
direction. Thus for the work herein one should expect errors
no greater than the above amounts due to the radiance model
alone. The highest possible accuracy was desired for our study
findings. Accordingly, terms in X2 were retained. The wave-
length variable A is suppressed unless specifically required.
Normalized water leaving radiance, [L,,( A) I,,,,,  is that which
would exit the sea surt’xe if the Sun wcrc  at zenith and it’ the
atmo\phcrc:  were abscr~t;  L,(A) = [I-,,( A)j,r(o,,)  cm (U,,).

For the computations hercin  the solar zenith angle fl,, was held
fixed at zero degrees  and the atmosphere assumed to be absent
such that t( 8,)) cos (H,,) = 1.

The total backscatter coefficient b, is the scalar sum of the
backscatter of seawater b,,, and all constituents b,,. That is,
bb = b,, + b,,. H e r e i n ,  b,, is called the total constituent
backscatter (TCB) coefficient. Likewise, a is the total absorp-
tion and is the scalar sum of the absorption of seawater a, and
all constituents a,. The a, and b,, constants were obtained
from Smith and Baker [1981]. Any number of absorbing (and
backscattering) constituents can be accommodated, Herein,
assume for the moment that the absorption is caused by three
absorbing constituents: phytoplankton uph, chromophoric dis-
solved organic matter a,,,,, and detritus a,,,,. The sum a, =
uph + u C D O M  +  udetr is called the total constituent absorption
(TCA). Thus the total absorption is u = a, + up,,  + uCDOM
+ udctr. Nevertheless, it is desirable in this initial study to
reduce the complexity of the analyses without severely com-
promising the understanding of the final results. To do this,
recall that the detritus absorption has the same spectral form
as the CDOM: it declines exponentially with increasing wave-
length [Hoepeer  and Suthyendranath, 1993; Roesler et al.,
19891.  The spectral slope of the detritus is, however, consider-
ably more variable. Ranging from 0.004 to 0.020 (l/nm)  it
encompasses the generally accepted CDOM slope of 0.014
(l/rim). The mean spectral slope of detritus is -0.011 2 0.002
(l/m-n) [Roes er et al., 19891. To reduce the intricacy of ourI
analyses, we will assume that the spectral average over all
detritus absorption yields a slope that is equal to the CDOM
spectral slope. With this assumption we represent the com-
bined absorption as uCDOM + ad,,, = ad. (At the conclusion
of the matrix methodology discussion it will be evident how
one can extend the matrix inversion to separately include both
the CDOM and the detritus absorption. Because of the dom-
inant character of CDOM, and for brevity, the ad may subse-
quently be referred to as CDOM absorption.)

Retrieval of Inherent Optical Properties
by Linear Matrix Inversion

Equation (4) can be solved in terms of total absorption
coefficient a and total backscatter coefficient b,

u + bb(l - l/X) = 0. (5)

where X is given by the solution of (1) and (3). Next, define
v  =  (l- l/X) and separate the seawater absorption and
seawater backscatter contributions from the total constituent
absorption and total constituent backscatter,

a, + bb,v = -(a, + bhvv). (6)

Then, for wavelengths A,, where i = 1, 2. 3, the equations
describing the IOPs are

u,,,(A,)  + q,(A,)  -+ b,,(A,)v(A,)  = h(A,), (7)

where /I( X,) is defined as the right side of (6) that contains the
column matrix. or vector, of hydrospheric constants (seawater
absorption and backscatter) and oceanic water-leaving radi-
ances. Equation (7) contains three unknowns for each spectral
radiance  mcatrurcrncnt.  Additional equations ;lre  provided by
IOP spectral models for (I ,,,,, (I,,. and h,,, ;lS follows.

St;irtirlg  tir\t with /I,,,( A,). the following model is UWd tO

dc\cribc the tot;il  con\titucnt  bxksctittcr  coctticicnt  at a n y
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wavelength  A, rchttivc tc, the total constituent backsc;tttcr  at ;I
rcfcrcncc wavclcngth  A , , ,

h,,(A,)  = h,,(WWW. (8)

where 11 is a constant. This TCB coetficicnt model was chosen
by analogy with previous work. For example, Morel  [ I9771
suggested a wavelength-ratio model for particulate backscat-
tering and subsequently [Morel, l988]  provided a backscatter
model for phytoplankton that also varied inversely with wave-
length. Smith and Baker [1981]  suggested a similar model
during their study of clear natural water. For nonabsorbing
backscatterers such as coccoliths, Gordon et al. [1988]  used a
(550/A)”  where n > 1. Suthyendrunuth et al. [1989]  suggested
a (l/A)”  model for detrital particles. Lee et al. [1994]  used a
similar model and showed that the exponent can vary from 0 to
2.4. Mufione et al.3 [ 19951  field measurements showed that the
spectral backscatter exponent can vary from 2.0 to 4.1. Hoge et
al. [1995b] used this particulate backscatter model with n =
1.5 during retrieval of the CDOM absorption coefficient from
both satellite and airborne water-leaving radiances. Moreover,
a diffuse attenuation coefficient model [Gordon, 1989, 19941
can be inverted to (1) provide an alternative numerical TCB
coefficient model and/or (2) show that the (A,lAi)” spectral
model is a reasonable choice especially in the -410- to 580~nm
range. The difhrse attenuation coefficient model is K = 1.0395
D,(a + bb) where K is the diffuse attenuation coefficient and
D, is the downwelling distribution function. Since b, = b,, +
bbr and u = a, + aph + a& the desired total constituent
b a c k s c a t t e r  i s  b, ,  = (K/1.0395  D,)  - a, - a@ - ad -
b bw’ Field and laboratory measurements, derived models, and
reasonable approximations are available to allow an estimate
of b,, (Appendix A). The mean of b,, over the range of ah
absorbers, (bbt), is shown to be reasonably represented by
(Ab/A,)3.3  (Appendix A). The reference wavelength A, is ar-
bitrary but clearly should be chosen to be within a spectral
region where backscatter is expected. The reference wave-
length need not coincide with the sensor observational bands.
Finally, the radiance model presented in (1) or (7) can be
inverted to obtain a spectral backscatter numerical model (Ap-
pendix A). Both the K model and radiance model inversions
yield similar results and suggest that the inverse wavelength
model is generally acceptable from -410 to 580 nm. However,
the possible use of an exponential backscattering model such
a~ exp [-S(Ai  - Ab)]  (where s is the spectral slope of the
backscatter) will be discussed after the matrix formulation is
completed.

Furthermore,

Q( A,) = db) exp [-%A, - Ul, (9)

(where S is the CDOM/detritus spectral slope) is a good rep-
resentation of the spectral absorption coefficient of chro-
mophoric dissolved organic matter at any wavelength A, [Bri-
cultd et al., 1981; Hoge er al., 19933 relative to the CDOM
absorption coeficient  at an arbitrary reference wavelength A,.
The reference wavelength A, need not coincide with the sensor
observational bands. However, reference wavelengths in the
red are avoided since the CDOM absorption is lower in these
regions. The above model could be implemented numerically,
but there seems to be no compelling reason since the CDOM
spectral slope parameter .S is not highly variable in the global
o c e a n  [Biuqh.  1993; Cur&r et trl., IWh,  IV) I ; tfqc e t  ul.,
lW3J.

Finally. ;I single Gaussi;tn is used to represent the phyto-
phmkton  absorption coefficient in the chosen  spectral regions
[Hwpftw  utrd S~lrlly~ntlr~~rtutlr,  l903].  While a single Gaussian
would appear to be an ovcrsimplitication. Lw CI ul. [ lU%] have
shown excellent results from 400 to 570  nm which encompass
the spectral range of our study. For more complex analytical
studies, several Gaussians  can be used to more accurately rep-
resent the phytoplankton absorption including chlorophylls
and carotenoids. Thus

Q,(A,)  = +,&Q exp [(A, - A,)‘12g21, ( 10)

where g is a parameter that defines the spectral width of the
Gaussian about the peak wavelength A,. The Gaussian peak
need not be located precisely coincident with the phytoplank-
ton pigment absorption peak as long as the spectral width
parameter g permits accurate representation of the relative
specific absorption coefficient in all three sensor observational
bands. At this point the “reference” absorption uph(A,) is
obtained only at the Gaussian peak wavelength A,, but this
apparent constraint can be easily removed (Appendix B). The
above analytical model can be implemented numerically. A
possible form for the numerical model in terms of the specific
absorption k U,h(Ai)  = a,h(A,)[U*(Ai)/U*(X,)].  Tabular
values for the specific absorption a * (Ai)  have been given by
Hoepfier and Suthyendrunuth [ 19931.

The substitution of (8),  (9), and (10) into (7) yields

Q&) exp  [(h - Ag)*/2g2]  + ud(Ad)  exp [ -S(Ai  - Ad)]

+ V(AJbdAb)(AdAJ”  = h(AJ- (114

Equation (lla) contains only three unknowns, Qph(  x0),
ad(Ad), and bb,(Ab),  at any wavelength Ai. Thus a consistent
solution can be obtained using only three sensor wavelengths
A,, AZ, and A,. The inversion matrices are easily obtained by
sequentially writing (lla) for A,, A,, and A,. Essentially, the
three observational sensor wavelengths at A,, A,, and A, enu-
merate or label the rows of the matrices, while the three con-
stituents at their reference wavelengths uph ( ho), a,( Ad), and
bbl( Ab)  label the COhnnS Of the explicit matrix arrangement Of
(lla) so that

1

exp  h - &J212g21  exp b-W,  - AdI h/U”v(AJ
exp [(A2  - A,)*/2g21  exp [-%A2  - Ul bbJWvOJ
exp [(A3 - A,)*/2g*]  e x p  [ -S(A,  - Ad>] (AdA,)“v(A,) 1

.[2L%J = [;ix;] uw
The oceanic state vector of unknown IOPs at their reference

wavelengths, p = [uph(Ay),  u,(A,),  bhl(Ah)lT,  where T de-
notes the transpose, is the solution of a matrix equation of the
form

Dp = h ( 12)

where D is the data and model (hereafter called data-model)
matrix and h is the vector of scawatcr  absorption and back-
scatter hydrospheric constants and radiance data. It is impor-
tant to emphasize that the D matrix must be inverted for every
pixel or oceanic radiance spectrum since it contains radiance
data in addition to model parameters. It is clear that the matrix
inversion can be extended to any number of constituents as
long ;IS accur;ltc  IOP  models can be found to satistktorily
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rcprcscnt  the spectral ;lbsorption  and bitckscattcr  of each (and
sut’ficicnt  sensor  hiIn& arc ;rv;lil:thlc  in the ohscrvatic)nal data
to yield ;I solution). (The column vectors  in the D matrix can be
ret’ormulatcd so that the constants that represent the spectral
models can be referenced to A,. This simplifies the matrix
inversion and retrieves constituents as they exist at measured
radiance wavelengths. Accordingly. an alternate form of the D
matrix is given in Appendix  B for these specific reference
wavelengths. Additionally, suggestions for the derivation of
constituent concentrations from the IOP vector p are given in
Appendix C.) Equation (12) is comparable to the well-known
linear matrix equation Ax = b whose solutions have been
extensively studied. The direct solution to (12) is represented
bY

P = D-‘h. (13)

D -’ denotes the inverse of the data and model matrix D.
Overdetermined least squares, weighted least squares, or other
solutions are not within the scope of this paper. Instead, the
analyses focus on even-determined solutions wherein the num-
ber of IOPs  (unknowns) is equal to the number of sensor bands
(equations). In this case the solutions, if obtainable, are
unique.

The matrix formulation of the radiance mode1 inversion
exemplified by (llb), (12), and (13) is a powerful framework
for IOP retrievals as well as analysis of errors in the retrievals.
It is of fundamental importance to determine if very large
changes arise in p when small changes occur in D and h. If
large changes occur, then the inversion problem is unstable or
ill conditioned and may need reformulation to render it more
stable. If the solution is found to be stable, it is then important
to further quantify the errors in p caused by errors in D and h.

Sensitivity of p to Perturbations in D:
Analysis of the Singularity of D

Some limited information about potential uncertainties in p
can be obtained by analytical (as opposed to numerical) exam-
ination of the singularity of D in (llb). Of course, if the col-
umns (or rows) of D are linearly dependent, then column (or
row) degeneracy occurs, the determinant vanishes (det D = 0),
and D is singular.

It is instructive to analyze the singularity of D for some
specific, but important, conventional oceanic conditions that
may produce model-induced singularity in D and prevent suc-
cessful inversion or IOP retrieval. Suppose that within a deep-
ocean or blue-water region, a phytoplankton patch has suffi-
ciently senesced or collapsed so that only detritus and its
CDOM remain. The desired IOPs are detritus absorption co-
efficient, CDOM absorption coetficient,  and the total constit-
uent backscatter coefficient. (The constituent backscatter is
provided principally by the detritus since CDOM is a molecu-
lar constituent.) Under these conditions the particulate ab-
sorption in column 1 of ( 1 lb) is detrital in spectral form and is
modeled by exp [ - y ( A, - A clcrr)j  where y is the dctrital
absorption spectral slope [ffoq$wr  und  Strrhyendruntrth,  1093;
Rcxskr eil ul., 19X9].  Since the CDOM in column 2 is modeled
by cxp [ --%A,  - Au,,,,, )], linear dcpcndence and singularity
arc assured when q = S. But from ;I physical standpoint this
is exactly what is expcctcd  when S = q: the detritus and
CDOM arc not distinguishable  on the basis of their absorption
and one: citn only rctricvc  the combined  detritus + CDOM
ubsc,rption coctlicicnt,  (I,,~,, + CDObl. ;rnd the TCU  coet’fi-

cicnt. If q -5 S, then D C;III  bc nonsingular  but unstable with
Iargc unccrtaintics cxpcctcd  in p .  If q is suficicntly ditfcrcnt
from S. then a stable D may result in ;In acccptablu  inversion.
(If q is “nearly  equal  to” S. then D may bc stable but *‘near”  an
unstable matrix. It is possible to estimate how near  D * p = h
is to singularity [G~lob  urrd Cilrr  Loun,  19891  through the re-
ciprocal of the condition number to be discussed in a later
section.)

Another important oceanic condition allows an analytical
expression to be derived for the singularity of D. Low chloro-
phyll circumstances occur in the Middle Atlantic Bight during
winter and summer seasons. During these time periods the
constituent absorption is so dominated by CDOM that the
phytoplankton chlorophyll absorption can be ignored [Hose et
al., 1995b].  Accordingly, the retrieval of CDOM and TCB IOPs
is given by

exp [-S(A,  - Ai)]  tWA,)“dA,)
exp [ -S(AZ  - AdI (AdWW3

(14)

It can be readily shown that singularity (det D = 0) will occur
for

exp [%A2  - AAl - MW~M(A~/A~)~  = 0. (15)

OrS(A, - A,) - In [ V( A&v(  A*)]  - n In [AZ/Al]  = 0. This
latter expression shows the intimate relationships that exist
between (1) the IOP model parameters S and n and (2) and
the radiance model (through the vi) in order to produce sin-
gularity in the D matrix (and eventually lead to sensitivities in
p as near-singularity is approached). The observational wave-
lengths A, and A, can be chosen to be different fixed  constants
and since the CDOM spectral slope parameter S is not highly
variable in the global ocean [Slough  et al., 1993; Carder et al.,
1986; Carder et al., 1991; Hoge et al., 19931,  then S( A, - A r) is
a constant. Hence (15) shows that near singularity the sensi-
tivity in p = [a,, bb,(Ab)] T is influenced by radiance varia-
tions (via the ratio V(  A,)lv( A,)) and the known spatial vari-
ations in n [Lee et al., 1994; Mufione et al., 19951.  Since the
spectral locations, A, and A,, can be adjusted, (15) further
suggests that sensor wavelengths play a role in defining the
singularity of D and sensitivity of p. (Obviously, if A, = A,, then
det D is identically zero and singularity is assured.)

Furthermore, for a low chlorophyll condition in the Middle
Atlantic Bight, it can be shown that the TCB coefficient can be
modeled by an expression that is similar to the CDOM and
detritus models: exp [ -s(A, - A,)] where s is the spectral
slope of the backscatter. With this model, and for ignorable
phytoplankton absorption, the IOP retrieval equations are

exp (-S(A, - A,)] exp [--sCA, - Ah)]dAJ
exp [ -S(A? - Ad] exp [-s(A, - A,)]v(A~)

h(A,)
= lr(A2)[ 1

The anlrlytical  expression for singularity (det D = 0) is

exp [tS - .r)lA, - A,)] - [II~A~)/u(A,)]  = 0. ( 17)

O r  (S - s)(A,  - Al) - In [~j(A~)lr~(A,)j  = 0. Since A, f
A, by choice. then S = F does not guarantee singularity since
In [ I,( A, )/I,(  Al) J will still be nonLcro \o long  as the wavelength
choice products U( A, ) ?t 14 ,\:). Thus ( 17) \usgcsts that an
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exp~)ncntiirl  model can bc usd  for CDOM and concurrently
used for the ‘KU model.

Returning to the 3 x 3 phytoplankton. CDOM.  and back-
scatter rctricval  given  by (1 lb). the singularity condition dct
D = 0 gives an expression that contains three cofrrctors  that are
very similar to the singularity condition for (14). When ex-
pandcd using the elements of the phytoplankton column, det
D = 0 yields

exp [(A,  - A,)‘Eg’]{exp  [-%A, - Ad)](AJA.l)n~(A,)

- exp [ -S(A, - ~dh,lW4~~)]~

+ exp [(A, - &,)‘/2g’lb=p  [-Wb - U]W~3Y~(A3)

- exp [ -S(A, - A&W,>“4A,)l~

+ exp [(AJ - &J*/2g21{exp  k-StAl  - Ad)ltUWdAz)

- exp [ -S(A, - U(bJWdh)l~ = 0. (18)

The complexity of this equation suggests that singularity will be
infrequent. The numerical studies herein verified the infre-
quency. This equation prominently illustrates the attractive-
ness of numerical methods, since laborious analysis of this
latter relationship will, in the end, yield only the circumstances
for singularity.

If singularity, or near singularity, is encountered using stan-
dard inversion methods, there are ways of dealing with the
equations. The singular value decomposition (SVD) method-
ology will allow a diagnosis and a solution [Press et al., 19941.

Sensitivity of p to Perturbations in D and h:
Numerical Considerations

The above analysis of the singularity of D, while providing
some useful insight, is of very limited quantitative use. Addi-
tional analyses are needed to more fully quantify and under-
stand possible sensitivities in p resulting from uncertainties in
D and h.

Relative to h, the data-model matrix D plays the major role
in the propagation of errors into p. For example, for Dp = h,
consider the system of equations (D + A)p’ = (h + S), where
A and 6 represent uncertainty or perturbation of D and h,
respectively, and p’ is the perturbed solution of p. (Perturba-
tions within D arise from the radiance model, water-leaving
radiances through the U(Ai)  and from the IOP models. Simi-
larly, uncertainties in h arise from the radiance model, water-
leaving radiances through u(A,),  and the hydrospheric con-
stants (or IOP constants a, and bbW)  for seawater). It can be
shown that to first order [Ortega 19901,

IIP - P’ll~llPII 5 ~(DHllAll/llDll  + Ildl/lbll) (19)

where

0) = IlDll  IID-‘II (20)

is the condition number of D. The I] symbols denote the norm
of a vector or a matrix. Equation ( 19) simply states that to first
order, the relative error in p can be K(D) times the relative
error in D and h. Thus the propagation into p of the relative
errors of both D and h is governed by the condition number of
D. For any norm, 1 5 K(D) 5 x. For the limiting cases ,
K(D) = I; D is said to be perfectly  conditioned, while for K(D)
= -L, D is singular. For intermediate values of K(D) the intcr-
prctation of the condition number is very subjective and must
be cvaluatcd scparatcly.  For “large” K(D) the D matrix is said

10 be ill concliticmcd  and 1argc errors may hc found in p. For
“srn~~ll”  K( II) the D matrix is said to IX well  conditioned and
smaller  errors may be found in p. The condition number  K(D)
has an important relationship  to the cigcnvalucs  of D

K(D) = I.\l,,,.,~/l.\l,,,,,, tw

where  14nl‘lxh~l”,,” are the maximum and minimum absolute
values of the eigenvalues of D. This relationship is important
for two reasons. First, it provides an alternate method of com-
puting the condition number, and second, it shows that the
errors propagated into the inherent optical properties p are
strongly influenced by the ratio of the largest eigenvalue and
the smallest eigenvalue. But the ratio of eigenvalues is not
necessarily a good condition number for nonsymmetric matri-
ces [Ortega, 19901.  Accordingly, (21) is not recommended for
analysis of nonsymmetric ocean color D matrices.

Considering the (1) subjectivity of the condition number, (2)
desire for high accuracy, (3) need to analyze a large number of
oceanic situations or watermasses, and (4) significant comput-
ing power available, it was decided to address the error anal-
yses by direct propagation of specific error sources in the
model parameters and radiances via a very large statistically
derived database.

Generation of the Water-Leaving Radiance Data
The synthetic water-leaving radiance data are not restricted

to particular water types. Instead, a very wide range of random
IOPs  (encompassing virtually any water mass type encountered
in the world’s oceans) has been chosen. This very general
approach produces combinations of IOPs  that occur inf’re-
quently, for example, a very large uph and a very small b,,. The
inclusion of such worst-case IOP combinations leads to a more
complete and stringent test of the inversion methodology. A
wide range of IOP values also gives confidence that the results
of this study can be applied to actual observed radiances with-
out concern for global location or water type.

To produce the IOPs, a Gaussian random number generator
based on the Box/Muller  method was used to independently
generate aph,  then ad, and finally b,,. Equations (8), (9), and
(10) are used first within (1) to generate the required radiances
(e.g., at observational wavelengths A,, A,, and AJ [Press et al.,
19941.  In order to insure that a representative collection of
IOPs  was available, at least 5 X lo5 values of each IOP were
generated. Little change in the final results was found if more
values were used. The wavelengths chosen for the study cor-
respond to bands that are near those bands available on future
satellite sensors: 410, 490, and 555 nm. These bands were also
chosen since they have, in our experience, frequently proven to
provide good retrieval of IOPs  when actual field data are being
tested. The 443-nm band was specifically avoided since it has
not performed well in our field/data-model retrievals and in
empirical [A&en  et al., 19951  pigment retrievals. The reference
wavelength was chosen to be 410  nm.

Phytoplankton Pigment Absorption

The range of phytoplankton pigment absorption coefficient
at the rcfcrcncc  wavclcngth,  u ,,,, (A,,) = (I,,,,  (4 IO). was chosen
to be -0 to 0.74 m ‘. The upper  range corresponds to a
nominal pigment  concentration of about 20 mg m-’  for a
phytoplankton spccics having a specific absorption coefficient
of O.OJ  m ’ (mg m ‘) -’ at 413 nm [Mod.  IWH]. (Unless
st:ltcd othcrwisc.  ~hc 0 . 0 4  rn ‘ ( m g  m  ‘) ’ value  i s  u s e d
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Figure 1. Distribution of the randomly generated sets of 5 x
IO- inherent optical properties (IOPs).  (a) The phytoplankton
pigment concentration corresponds to an ap,,( 4 10) absorption
range of -0-0.74  m-‘. (b) Chromophorlc  dissolved organic
matter (CDOM) absorption coefficient a,,(4 10). (c) Total
constituent backscatter (TCB) coefficient b,,(4 10).

throughout this paper). A normally distributed random num-
bcr gcncrator was used to first select an arbitrary value of
u,,,,( 4 IO). Then. the phytoplankton absorption coefficient at
other wavelengths  was obtained by using the spectral model in
(IO).

Chromophoric Dissolved Organic iCf;ltter Absorption

The range ofchromoph~~ic dissolvctl cjrganic  matter ahsorp-
tion :~t the rcfcrcncc  wavclcngth.  410  nm. was chosen  to range
from O.OI to 0.5 m - I. The upper  range was chosen  to exceed
typical CDOM absorption cocfficicnts  found at the mouth of
the Delaware Bay [H~~LP  L’I trl., 1993j.  As before a normally
distributed random number generator was used to select a
value of a,(4 IO) to generate the radiance at the reference
wavelength. The absorption coefficient of chromophoric dis-
solved organic matter at other wavelengths was then obtained
by using the spectral model in (9).

Total Constituent Backscatter

The range of total constituent backscatter coefficient at the
410-nm reference wavelength was chosen to be 0.0005 to 0.05
m-‘.  The upper range was chosen to exceed backscatter coef-
ficients that result from coccolithophore blooms [B&h et al.,
19911.  Again, a normally distributed random number generator
was used to select an arbitrary value of bb,( 4 10) to generate
radiances. The total constituent backscatter coefficient at other
wavelengths was then obtained by using the spectral model in
(8). Figures la, lb, and lc shows the frequency distribution of
the 5 X 10s  randomly generated sets of IOPs  corresponding to
phytoplankton absorption, CDOM absorption, and total con-
stituent backscatter coefficients at 410 nm, respectively, the
u,,(410),  u,(410), and b,,(410).

IOP Retrieval Results
The inversion of the D matrix was performed in several

ways: Cramer’s method, Gauss-Jordon elimination, lower-
upper (LU) triangular decomposition, and SVD [Press et al.,
19941.  The SVD method is an excellent analytical tool and
allows a quantitative evaluation of singularities. The SVD re-
vealed no singularities for the wide range of IOPs  retrieved.
The LU decomposition exhibited less round-off error than the
Gauss-Jordan elimination. Cramer’s method was used most
often in this study because of its computational simplicity when
solving only three simultaneous equations.

The results are discussed sequentially according to the fol-
lowing error conditions: (1) no errors exist in the radiances and
no errors exist in the IOP spectral models, (2) errors exist
sequentially in the 555 or 490 or 410 radiances (but not in the
IOP spectral models), (3) the same magnitude error occurs
simultaneously in the 555, 490, and 410 nm radiances, (4)
errors exist only in the IOP spectral models (but not in the
radiances), and (5) along-track profiles of retrieved IOPs are
shown for a fixed 5% error in the 555-nm  radiances and then
for a phytoplankton absorption model Gaussian thickness er-
ror of 5%.

For radiance and model parameter uncertainties, error sur-
faces are used to illustrate the probability that 5 X lo5 re-
trieved IOPs fall within displayed error bins (Figures Z through
8). The shape of the error surface is an important factor for
each radiance and model error and the reader is encouraged to
carefully examine these surfaces to appreciate the behavior of
the expected errors. Applied errors arc shown on one horizon-
tal axis. IOP retriev;ll  error bins on the other horizontal axis.
and the probability of any one rctrirved IOP having a partic-
uI;lr  error Jisplaycd  on the vertical axis. Error surfaces with a
wide. Hat  shape show that errors will hitvc a broad range of
vtllucs  with almost quaI probabilities of occurrence. Con-
vcrwly,  error surfrlccs  that ;lre tightly grouped  depict errors
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Figure 2. Uncertainty induced in retrieved IOPs  by errors of
~5% in the 555-nm radiances. The probability of 5 x l@
retrieved IOPs  falling within error bins is shown along the
vertical axis. Error in (a) phytoplankton chlorophyll absorption
coefficient, (b) CDOM absorption coefficient, and (c) total
constituent backscatter coefficient is shown. The CDOM ab-
sorption coefficient retrieval probability surface exhibits a
more narrow range of errors than the phytoplankton chloro-
phyll absorption or the total constituent backscatter coefficient.
The cumulative probability shows that pigment errors are less
likely to be within ~20%  than those for CDOM absorption or
total constituent backscatter.
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Figure 3. Uncertainty induced in IOPs by errors of ~5% in
the 490-nm radiances. The probability of 5 x l@ retrieved
IOPs  falling within error bins is shown along the vertical axis.
Error in (a) phytoplankton absorption coetficient, (b) CDOM
absorption coefficient, and (c) total constituent backscatter
coefficient is shown. Phytoplankton absorption coefficient is
very sensitive to 490-nm radiance errors. For only a 5% error
in the 490-nm  radiance, 80% of phytoplankton absorption co-
efficient will have errors that exceed t90%. The total constit-
uent backscatter is the least impacted  by 49O-nm  radiance
errors.
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Figure 4. Uncertainty induced in the IOPs by errors of ~5%
in the 410~nm radiances. The probability of 5 X l@ retrieved
IOPs falling within error bins is shown along the vertical axis.
Error in (a) phytoplankton absorption coefficient, (b) CDOM
absorption coefficient, and (c) total constituent backscatter
coefficient is shown. The phytoplankton absorption and total
constituent backscatter are more likely to be retrieved with less
error than the CDOM absorption when 410-nm radiance er-
rors are present.

that will fall in a smaller range of values. On the facing panel
of each plot is the cumulative probability of a retrieved IOP
showing the portion of 5 x 10’  values falling inside the chosen
(and displayed) 2 2W’/O error range. For textual brevity, only
the most likely errors are discussed.

Figure 5. IOP retrieval errors induced by equal errors occur-
ring simultaneously in the 555, 490, and 410-nm bands. The
probability of 5 x l@ retrieved IOPs  falling within error bins
is shown along the vertical axis. Error in (a) phytoplankton
absorption coefficient, (b) CDOM absorption coefficient, and
(c) total constituent backscatter coefficient is shown. The TCB
coefficient retrieval errors are higher than those of phytoplank-
ton and CDOM. Fortunately, the cumulative probability for all
the retrieved IOPs  is ?86%, suggesting only a -14% chance
that the IOP errors will exceed *Xl%.

IOP Retrieval Using Error-Free Radiances and Error-Free
IOP Spectral Models

The 5 X I@ radiances  calculated from the randomly gener-
ated IOPs were inverted according to ( 13). The residuals of the
IOPs (“obscrvcd”  minus computed; not gr:tphically shown)
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Figure 6. Uncertainties induced in the IOPs  by errors of up
to 10% in the width or thickness g of the Gaussian model used
to represent the phytopiankton absorption. The probability of
5 x ld retrieved IOPs  falling within error bins is shown along
the vertical axis. Error in (a) chlorophyll absorption coefficient,
(b) CDOM absorption coefficient, and (c) total constituent
backscatter coefficient is shown. The CDOM absorption will
probably be retrieved with less error than the chlorophyll ab-
sorption or the total constituent backscatter. The chlorophyll
and total constituent backscatter are retrieved with almost
equal success when errors occur in the phytoplankton absorp-
tion model thickness g.

were zero to the precision of the computer. All  computations
were performed in double precision ( 15 digits). The inversions
were quite rapid and no singular matrices were encountered.
Thus IOPs  obtained by matrix inversion are rapidly and exactly

Figure 7. Uncertainty induced in IOPs  by errors of ~100%
in the CDOM absorption model spectral slope S. The proba-
bility of 5 X 10s  retrieved IOPs  falling within error bins is
shown along the vertical axis. Error in (a) chlorophyll absorp-
tion coefficient, (b) CDOM absorption coefficient, and (c) total
constituent backscatter coefficient is shown. Almost all values
of the total constituent backscatter are retrieved with errors
within 220%. The cumulative error for chlorophyll steadily
declines as the CDOM spectral slope error increases. When
the CDOM spectral slope errors exceed -55%, the CDOM
retrieval error always exceeds ~20%.

determined when water-leaving radiances and the IOP spectral
models are both error free. Of course, speed of computation is
very important when the inversions are applied to satellite images.

IOP Retrieval Errors Induced by Water-Leaving Radiance
Uncertainties

Water-leaving radiances contain uncertainties due to scale,
bias, and noise. Additional water-leaving radiance uncertain-
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Figure 8. Uncertainty induced in IOPs by errors of up to
100% in the total constituent backscatter wavelength ratio
exponent n. The probability of 5 x lo5 retrieved IOPs  falling
within error bins is shown along the vertical axis. Error in (a)
phytoplankton absorption coefficient, (b) CDOM absorption
coefficient, and (c) total constituent backscatter coefficient is
shown. The phytoplankton absorption coefficient is impacted
the least of the three constituents by errors in n. CDOM and
total constituent backscatter are impacted severely by small
errors in n. When the exponent error exceeds -35%,  the total
constituent backscatter retrieval error will always be ~~20%.

ties occur during the normalization of the at-satellite radiances
to remove the atmospheric radiance (by Rayleigh, aerosol,
ozone corrections) and reduce the solar zenith angle to zero.
To determine how these water-lcaving radiance measurement

unccrt;rintics  prop;ig;ile in to  tlic IOPs.  error ;malyscs  w e r e
pcrformcd using the previously gcncratcd r;idi;incc  dita. The
approach was to increase the w:rter-leaving  r;rtliancc  by up to
5% just prior to inversion. (Reducing the mdiance  yielded
essentially the same results.) The inversion equations used the
same IOP models as origimilly used to gcnemte the radiances;
thus no model errors were prcscnt in this portion of the study.
To simplify the study, errors were (I) introduced into only one
sensor band at a time or (2) introduced into all three bands
concurrently. These are discussed in the following three sec-
tions.

IOP errors induced by SSS-nm  radiance uncertainty. The
555-nm radiances were increased by ~5% just prior to inver-
sion. The error induced in a retrieved IOP is shown in the IOP
error probability plots of Figures 2a, 2b,  and 2c corresponding
to phytoplankton absorption, CDOM absorption, and total
constituent backscatter. The probability of 5 x 105  retrieved
IOPs  falling within error bins is shown along the vertical axis.
(For consistency the same numerical scales and layout are
subsequently used for Figures 3 and 4 corresponding to dis-
cussions of radiance errors introduced into the 490~run  and
410-nm bands, respectively).

Phytoplankton absorption retrieval: From Figure 2a it is
seen that a 0.5% error in the 555~nm radiances will yield an
error of -2% in the phytoplankton absorption. (The jagged or
irregular character of the error surfaces for small errors should
be ignored since it is an artifact resulting from the use of a 1%
error bin to generate the voluminous error surface data.) How-
ever, since the cumulative probability is -0.97, then the results
show that for -0.5% error, the phytoplankton absorption error
will seldom exceed -220% for any of the wide range of oce-
anic conditions. When the error in the 555~nm radiance
reaches 5.O%,  the most probable error in the ‘rp#,  retrieval is
-20%. The cumulative probability is now only -23%, indicat-
ing that there is a 77% chance that the aph retrieval error will
exceed 220%. The results suggest that the retrieved aph are
highly sensitive to errors in the 555-nm radiances.

CDOM absorption retrieval: In Figure 2b the CDOM/
detritus absorption retrieval ad is seen to be less impacted than
the aph. When the error in the 555~nm band is 1.5%, the ad
retrieval error will probably be -2%. The cumulative proba-
bility is now -97%,  and there is only a -3% chance that the
error will be ~~20%. When the error in the 555-nm  band
reaches 5%, the ad retrieval error will probably be -7% with
a wide range of errors. But since the cumulative probability is
now -85%,  then there is only a 15% chance that the error will
be >1r20%.

Total constituent backscatter retrieval: For an error in the
555-nm radiances, Figure 2c shows that the errors in the total
constituent backscatter b,, are very similar to those for phyto-
plankton absorption (compare Figures 2a and 2~). The cumu-
lative error of being within 220% is less impacted than phy-
toplankton pigment although the error surfaces are similar.
When the error in the 555-nm  band reaches 5%, the b,, re-
trieval error is likely to be -13%. But since the cumulative
probability is now -43%, there is a -57% chance that the
error will be > ~20%.

Comparing Figures Za, -yb, and Zc, it is seen that the cumu-
lative probability for (I,,,, is declining more rapidly than that of
the b,,, and u,,. Thus far fewer a,,,, are within the ~20%  error
range as the 555~nm  radiance errors continue to increase to
and beyond 5%. Accordingly, the (I,, and h,,, retrievals are
more likely to have Icss error (than the li,,,, ) ;IS the errors  in the
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555-nm  lunt! Inc’rc;I\c  with (‘I>OM  being  the Ic~st imp;tctctt ot
the three 101’~

IOI’ errors induced by JOO-nm  f%diilIlC~  unCcrt;linty. ‘Ill:
following error\  are inducctt by JOO-nm radiance  uncertainty.

I’hytoplilnkton absorption retrieval: The phytoplilnktcjn
pigment ;tbsorption  coctlicicnt  IOP errors  caused  by Jc)O-rim
radiilnce errors (Fisurc 3a) arc similar in mngnitudc (but op-
posite in sign) to those induced by errors in the 355nm radi-
anccs (Figure ?a). The phytoplankton pigment IOP error sur-
faces for -NO-nm  radiance errors are thus almost mirror images
of those for 555nm errors (compare Figure 2a with Figure 3a).
When the error in the 490-nm  radiance reaches 5.0%. the most
probable error in the a,,,, retrieval is -20%. The cumulative
probability is only -20%. indicating that there is an 80%
chance that the a,,,, retrieval error will exceed ~20%. The
results suggest that the retrieved up,,  are slightly more sensitive
to errors in the 490-nm  radiances than to errors in the 555nm
radiances (compare Figure 2a and 3a, especially the cumula-
tive probability).

CDOM absorption retrieval: In Figure 3b the CDOM ab-
sorption retrieval ad is again seen to be less impacted than the
aph.  When the error in the 490-nm band reaches S.O%,  the ad
retrieval error will probably be only -3%. The cumulative
probability is now -68%,  and there is a 32% chance that the
error will be ~220%.  There is a higher probability that the ad
retrieval will be more strongly affected by a 490-nm error than
by a 555-nm error (compare Figures 2b and 3b, especially the
overall shape of the surface).

Total constituent backscatter retrieval: For an error in the
490-nm radiances, Figure 3c shows that the errors in the total
constituent backscatter b,, are opposite in sign to those with
555-nm errors (compare Figures 2c and 3~). When the error in
the 490-nm band reaches 5%, the 6,, retrieval error is likely to
be -7% with a wide range of values. But since the cumulative
probability is now -78%,  there is an 22% chance that the error
will be >-~20%.

In summary, by comparing the cumulative probability plots
for Figures 2a, 2b, and 2c with those of Figures 3a, 3b,  and 3c,
it is seen that 490-nm errors induce (1) slightly more aph and
ad retrieval error than 555-nm radiance errors and (2) less b,,
retrieval error than 555-nm radiance errors.

IOP errors induced by 410-nm radiance uncertainty. The
following errors are induced by 410-nm radiance uncertainty.

Phytoplankton absorption retrieval: From Figure 4a the
aplt errors are more tightly clustered than the 555-nm and
490-nm  apll error. As the error in the JlO-nm radiance errors
reaches 556, the most probable error in the uIJI,  retrieval is now
only -5%. The cumulative probability is -88%, indicating that
there is an 12%  chance that the a,,,, retrieval error will exceed
~20%.  Comparing the cumulative probability in Figures 2a.
3a. and 4a the retrieved a,,,, are more sensitive to errors in the
190-  and 555nm radiances than to errors in the 4lO-nm  radi-
ances. .

CDOM  absorption retrieval. From Figure 4b, as the error
in the -l!O-nm  radiance reaches  5“;. the most probable error in
the LI,, rctricvat  is now -9-10%.  For jc;7 errors the cumulative
probitbility is -53“;.  indicating that thcrc is an -45% chance
thitt the (I,, rctricvat  error will cxcccd ~20~;.  Comparing Fig-
urcs Ib. 3b.  and lb. the retrieved (I~, arc increasingly more
\cn>itivc  to the s;lmc  magnitude  error ;is one proceeds  f r o m
555  nm through  -I90  nm t o  the JIO-11111  IXIIK!.

Total  const;tucnt  hitckscittter retricwl: I n  Figure Jc,  f o r
;III error in thu -1 IO-IIIII  r;lcti;rncus.  t!~ error\ in the tots! con-

‘I’;ll)le I . ENcct  of f’llytc~pl~iilkl~~ii.  (‘lirc)iii~~!~lic)ric  [Iissolvcd
()rs:rnic  M;lttcr (c’!>OM).  :111tl To~:II  Constituent Uilcksciittcr
(Tc’ls)  Spcctr;ll  Mottcl  P:ir:imctcr  (!I. S. II) Errors U p o n
the Corrc~ponding  Inhcrcnt Optical Property  (IOP)
Spcctr:il  Model V~IIUCS at -IV) nm and 355 n m

thickness)
CDOM moJel (100%

error  in S e:xponent)
TCB model ( 100% error

in n factor)

stituent backscatter 6,, are also very tightly clustered. When
the 410-nm radiance error reaches 5%, the cumulative proba-
bility is -98%, indicating that there is only a -2% chance that
the bht retrieval error will exceed 220%. Furthermore, the
most probable error is only -O-l%.

When the cumulative probability for the errors in each of the
three bands is compared, the b,, retrieval is seen to be increas-
ingly less sensitive to the same magnitude error as one
progresses from 555 nm through 490 nm to the 410 nm band.
This is the opposite effect as seen for the ad retrievals.

IOP Retrieval Errors Induced by Equal Uncertainty
in 555,  490-,  and IlO-nm  Bands

The most obvious effect of equivalent errors in all three
bands is the impact on the TCB coefficient retrieval. (Compare
the error surface of Figure 5c with the surfaces in Figures 5a
and 5b.) When the 555-, 490-, and 410-nm radiance errors
reach 5%, the most probable error in the TCB coefficient
retrieval reaches -7%, while the phytoplankton pigment and
CDOM are both <4%. Fortunately, the cumulative probability
for each of the retrieved IOPs  is 186%, suggesting only a
-14% chance that the errors will exceed 220%.

IOP Retrieval Errors Induced by IOP Spectral Model
Uncertainties

Errors in the apll,  ad, and 6,, IOPs  were studied by incre-
mentally adding a positive bias to certain important model
parameters. These parameters were (1) the “thickness’* of the
Gaussian describing the phytoplankton pigment absorption, g,
in equation (IO) and (2) the spectral slope S of the CDOM
spectra! absorption in equation (9) and the total constituent
backscatter power law exponent n in equation (8). It was found
that IOP retrievals were very sensitive to errors introduced into
the Gaussian thickness g. For this reason an error range of
only 10% was used for the thickness g. For the CDOM spectra!
slope the IOPs are relatively insensitive to the CDOM spectra!
slope so an error range of 100~~  was used. The value of the
total constituent backscatter  power law exponent IZ is not very
well known. Thus. in order to include more latitude. an error
r;lncc  of IOO?-  W;IS  also USCC!.  Table I uhclwc  how these applied
errors  :ltfcct t!lc spcctr:lI  moclcls  norm;lliA  at the reference
w;lvclcngth A, within the I) mi1tri.u.

IOP retrieval errors induced by phytophrnkton  spectral ab-
sorption moclel uncertuinty. The G:lussiiln  thickness g in ( IO)
was varied hy up to IO’+  just prior to inversion. Thus the range
of!/ W;I~ ti5.0 -2 !/ I ~3.5. For ;I If/l error in the thickness an
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Figure 9. A simulated along-track profile showing the effect
of a constant 5% radiance measurement uncertainty in the
555nm  band. (a) The general shape of the along-track phyto-
plankton absorption coefficient profile is rather faithfully re-
produced. However, peak errors of -570% in the retrieved
pigment are present. Mean phytoplankton absorption coeffi-
cient errors were -56%. (b) The CDOM absorption coeffi-
cient retrieval is affected very little by the 555-nm radiance
error. (c) The total constituent backscatter coefficient retrieval
errors ranged from -10 to 40% with a single pixel having an
error of -108%.

a,,,, retrieval will probably have an error of l-10% (Figure 6a).
The cumulative probability shows that the a,,,, error has only
-2.5% probability of falling outside the ~20% range. If the
thickness error rcachcs  5%, there is a -25% probability that

the u,,,, rctricval error will c.ucccd ~ZO’%.  For 3 IO% error in
the thickness. thcrc  is ;L -S?‘/(J  ch;rncc  that the u,,,, retrieval
will c.ycccd ~20%.  This high sensitivity to thickness errors is a
genuine concern since the natural variability of phytoplankton
spectral absorption [.Sudz~en&~r~~h  et al., 1987; Bticaud et al.,
1995; Cleveland, 19951  is rather high and can inherently lead to
large uph retrieval errors.

For retrieval of a,, and b,, the effect of the thickness error is
very similar to that of the uph retrieval (see Figures 6b and 6c)
and the conclusions are likewise similar. However, a, is the
least impacted IOP.

IOP Retrieval errors induced by CDOM absorption spec-
tral-slope model uncertainty. The CDOM spectral slope S in
(9) was varied by up to 100% just prior to inversion. Accord-
ingly, the range ofS was -0.014 I S I -0.028. Comparing
the error probability surfaces of Figures 7a, 7b,  and 7c, ap,, is
rather strongly impacted by CDOM spectral slope errors. The
cumulative probability shows that the up,., errors begin to ex-
ceed 220% even for small CDOM spectral slope errors. In
Figure 7b the CDOM retrieval is severely impacted when the
slope error exceeds -50%. Figure 7c suggests that most b,,

errors will fall within - 220% over the entire 100% slope error
range. For a 100% error in the CDOM slope the cumulative
probability remains high for b,,. The most probable errors for
b,, are between - 1 and 1% for the whole range of errors
applied to the CDOM absorption spectral slope.

IOP retrieval errors induced by total constituent backscat-
ter wavelength ratio exponent uncertainty. The total constit-
uent backscatter wavelength ratio exponent II in (8) was then
varied by up to 100% just prior to inversion. The range of n
was 1.5 I n I 3 .O. Figures 8a, 8b, and 8c show that phyto-
plankton absorption is the least influenced by the errors ap-
plied to n. In Figure 8a, about half of the phytoplankton
retrievals will have an error ~220% as the error in n reaches
60%. Figures 8b and 8c show that CDOM absorption and TCB
retrievals are severely impacted by errors in It. As the error in
n exceeds -35%,  most CDOM absorption and TCB errors will
exceed ~20%. Examples of the effects of radiance and model
errors on retrieved IOPs  are given below.

The 555nm  radiance error: For a simulated along-track
observational profile consisting of 500 points, Figures 9a, 9b,
and 9c show the effect of a constant 5% 555-nm  radiance band
measurement uncertainty upon the retrieval of all the IOPs.  In
Figure 9a the general shape of a simulated along-track phyto-
plankton absorption coefficient profile is rather faithfully re-
produced and yields a deceptively high correlation coefficient
of YZ  = 0.960. Phytoplankton absorption is retrieved with
errors ranging from 22% to 570% and a mean error of -56%.
Note that the phytoplankton absorption is overestimated with
the positive error in the 555-nm radiance. If the error applied
to 555-nm  radiance was negative, the phytoplankton absorp-
tion would be underestimated. This would cause negative ab-
sorption coefficient values to be retrieved near observation 130
and near observation 440.  These negative values would be
physically unacceptable and serve as a vivid prompt of the
deleterious effects of errors in the radiances (and especially
555-nm  radiances). The reader is reminded that based on the
chosen spectral IOP and radiance models, linear inversion
produces those IOPs that uniquely satisfy the input radiances,
regardless of the physical feasibility of the retrieval. Thus the
occasional retrieval of negative IOPs should be considered a
bcncficial feature of the method: it is abrupt notification that
additional improvements  must be made to the models and
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radiances in or&r to sccurc  ;L physically acccptablc  solution. If
negalivc absorption coctiicient  values persist, then during sat-
ellite image processing the rctricvcd absorptions must be
flag@ and removed.

In Figure 9b the CDOM IOP retrieval is atfcctcd  much Icss
by the 555-nm  radiance error than phytoplankton IOP re-
trieval, and a correlation coefficient r’) = 0.965 is found. More
importantly, the minimum retrieval error along the entire sim-
ulated trackline was 0.01% with a maximum error of -90%.
The mean retrieval error was 10.4%.

Figure 9c illustrates that the total constituent backscatter
IOP retrieval is also reproduced reasonably well as a result of
the 5% error in the 555-nm radiances and a correlation of r* =
0.957 is found. The retrieval errors ranged from 10 to 108%
with the mean error equal to 28%. The above results are seen
to be consistent with the findings presented in Figure 2 that
phytoplankton absorption and TCB retrievals are impacted
more severely than CDOM absorption by errors in the 555-nm
radiance band.

Phytoplankton model errors: For the same simulated
along-track observational profile, Figures lOa, lob, and 1Oc
show the effect of a constant 5% uncertainty in the phytoplank-
ton Gaussian model thickness upon the retrieval of all the
IOPS.

In Figure 10a the general shape of the along-track phyto-
plankton pigment profile is still rather faithfully reproduced
and yields a correlation coefficient of r* = 0.933. The mini-
mum retrieval error was 0.2%, while peak errors reached
-117%. The mean retrieval error was -8.8%.

In Figure lob the CDOM IOP retrieval is affected very little
by the phytoplankton Gaussian model thickness error and a
correlation coefficient of r* = 0.944 is found. The minimum
retrieval error was 0.01% and a single peak error of -103%
was obtained. A mean retrieval error of 4.8% was determined
for the entire trackline. Only six out of 500 data points had
errors that exceeded 20%.

In Figure 1Oc  the total constituent backscatter IOP is also
retrieved reasonably well as a result of the 5% error in the
model thickness error. A correlation of r* = 0.934 is found.
The minimum retrieval error was 0.21% and a peak error of
-120% was seen. The mean retrieval error was 8.8%. Al-
though the data are limited to 500 points, the results are
consistent with those presented in Figure 6.

Discussion
It is generally agreed that IOPs  of multiple oceanic constit-

uents cannot be retrieved by empirical radiance ratios. To
mitigate the deficiencies of simple band ratios, a radiance
model was recast in matrix form by exploiting the linear sum-
mability of the IOPs. It was then shown that IOPs  can be
concurrently and rapidly retrieved by standard matrix inversion
methods without incurring singularities. The results strongly
suggest that model-based retrievals should be used to replace
radiance ratios that are presently limited to phytoplankton
pigment and diffuse attenuation recoveries.

In this study we were also interested in quantifying errors in
the retrieved IOPs as caused by radiance measurement errors
and IOP model errors. This was necessary in order to establish
that the methodolob? was practical and possessed no obvious
undesirable properties. Remarkably, no singularities we;e
found during inversion of the 5 X IO’  spcctraI  radiances pro-
duced from ;I wide  range of oceanic constituent absorption and
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Figure 10. A simulated along-track profile showing the effect
of a 5% error in the phytoplankton Gaussian absorption model
thickness g. (a) The chlorophyll absorption is retrieved rather
well, but peak errors reached - 117%. (b) The CDOM absorp-
tion coefficient retrieval is affected very little by the phyto-
plankton Gaussian absorption model thickness error. The
CDOM mean retrieval error was -5%. (c) Total constituent
backscatter coefficient mean retrieval error was -9%.

backscatter combinations. Only three bands were used in this
study. More bands and diRerent wavelengths are recom-
mended for study before declaring that the linear inversion
procedure is totally without complications. In the interest of
brevity and simplicity, analyses of four or more bands were not
described herein.
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Unfc~rtun;~tcly. the rctricv;ll  errors for ;III the IOf’s  ;Irc r:lthcr
strongly dcpcntlcnt on the phytoplankton spectral  model. Rc-
tricv;ll  errors  will thus hc cxxcrbated  by the niltural spcctr;ll
vari;lhility of phytoplilnkt(jn ilbsorption.  By choosing a sin+
phytoplankton spectral  motlcl for alI inversions. IOP errors arc
very likely. lnstcad of choosing iI single phytoplankton spectral
model. wc may CVCfltUilll~  be compelled to use an increasing
number of color bands to retrieve spectral segments of the
phytoplankton model in order to further improve the CDOM
and backscatter retrievals. But this procedure has rapidly di-
minishing returns because the CDOM and backscatter models
must themselves be accurately known at the new color band
positions in order that the phytoplankton retrieval not be fur-
ther degraded. It is important to note that for a three-band
inversion, the single Gaussian phytoplankton spectral model
need only fit the phytoplankton absorption curves through the
three wavelength regions used in the inversion. The errors
caused by the phytoplankton spectral model uncertainties
would be minimized by choosing wavelengths which have the
lowest variability relative to each other. See Appendix B for
additional discussion of the Gaussian spectral model and Ap-
pendix A for more information about the backscatter spectral
model. Additional field experiment data are needed to deter-
mine the viability of using a single phytoplankton absorption
model for IOP retrievals with specific band sets in various
oceanographic regions. Perhaps more importantly, copious
amounts of field data are needed to further study the linear
matrix inversion procedure. These field data are now being
actively sought by our laboratory [Hoge et al., 1995a].

The errors induced in the retrievals by the wavelength-ratio
exponent n are another concern. Since this exponent exhibits
natural variability within oceanic provinces, its uncertainty
leads to considerable errors in the ud and b,, retrievals.

The algorithm described herein is presently undergoing tests
using airborne field data validated by laser-induced fluores-
cence of chlorophyll and CDOM. Preliminary findings to be
published suggest that (1) the proposed single Gaussian phy-
toplankton model and the CDOM mode1 both function rather
well but (2) the wavelength-ratio particulate backscatter model
may require additional formulation to achieve the desired re-
sults.

Appendix A: Oceanic Particulate Backscatter
Spectral Models

Oceanic particulate backscatter spectral models, or TCB
models. can be derived from (1) a recently available ditfuse
attenuation coefficient model [Gordon, 1989, 19941  and (2)
direct inversion of the radiance model given by equation (1) in
the main body of this paper. This appendix describes both
inversions and how the (&,,/A)”  model used in the main body
of this paper approximates the derived spectral backscatter
over specific wavelength regions in the blue green.

TCB Model by Inversion of a Diffuse Attenuation
Coefficient Model

The ditfusc attt’nuation  coc#icicnt  modci [ G o r d o n .  IWJ,
lYILl~ is

K s l.O305fl,,(u + I>,,). (AU

whcrc /I,, is the downwelling distributic>n function [G&on,
IWO. IYOJI,  (I is the t()tilI  a b s o r p t i o n .  ;III~ h,, is the total
b;Icksc;Itt~r  Tllc total  bxkscattcr  h,, is the rigorous lincar sum

()I’ [hC backscattcr  of sc;lw;ltcr. I>,,,, , aticl  ~11 constituents h,,,.
SllCIl  (hilt I>,, = h, ,,,.  + /J,,,. Thins from (k\! ) tllc tot;il constit-
uent backscattcr  (TCB).  1>,,,, is

h,,, = (A-,:  I .03050,,)  - tl - h ,,,,. W)

The numerical  va lues  and  models for A”. D,,, (1. and h,,,,,
required for the inversion will now bc identifcd.  First, the h,,,,,
spectral values can be obtained from published tables [.‘%nirlz
und Btrker,  1981]. The D,, is a function of the solar zenith angle
and wavelength [Gor&rt,  lU%!].  Between 440 and 550 nm and
for zenith angles between 0” and SO”, the D,, varies between
1.019 and 1.346 [Gordorz,  19941.  For convenience of the devel-
opment herein a nominal value of 1.1 is chosen for all wave-
lengths and solar zenith angles. (This chosen value for D,
actually corresponds to a wavelength of 480 nm and a zenith
angle of 30”. When more precision is required, other tabular
values [Gordon, 19941  can be used.)

The total absorption a is the sum of the absorption of sea-
water, aw, phytoplankton pigment (mainly chlorophyll) uph,
chromophoric dissolved organic matter (CDOM) uCDOM, and
detritus udctr. Or

u = u~ + uph + UCDOM  + udctr W)

The II, are tabulated constants [Smith and Baker, 19811.  The
uph is computed from

Qph  = a*(‘b&$h,(A)C, W)

where a *(A,,&  is the specific absorption coefficient of phyto-
plankton at a chosen normalization wavelength Aref  and
ii,,(A) is the spectral absorption of phytoplankton whose
value is unity at the normalization wavelength. The phyto-
plankton absorption coefficients tabulated by Hoepfier  and
Suthyendrunuth  [1993]  were used for a’,,( A) after renormal-
ization to the reference wavelength chosen for the calculations
herein. The CDOM (yellow substance) absorption uCDOM is
modeled by [Bricuud  et al., 19811

UCDOM  = aCDO~(hef)  exp [-0.014(A  - LJI, (M)
where Aref is some reference wavelength. The detritus absorp-
tion a,,,, is similarly modeled by [Hoepfier and Suthyen-
drunuth,  1993; Roesler et al., 19891

a,,,, = ~d,t,(Ared  exp [-q(A - Ml, w-3

where Arcc is some reference wavelength. The detritus slope q
is taken to be 0.011 although the value is considerably more
variable than the CDOM slope [Hoepffner and Surhyendrunarh,
1993; Roesler et al.. 19891.

Finally, to complete the inversion, a suitable model for the.
diffuse attenuation K must be identified. Two potential models
are available [Baker und Smirh, 1983: :tlorel.  19881.  The model
of Morel [ 19881 is chosen since it provides a better fit to avail-
able ship data [Morel. 1%8] and to airborne active-passive data
[Hqe  PI uf., 1995i\].  The model is expressed as [Morel. 19881

K(A) = K,,(A) + ,y,fA)PA (X7)

where the K,,(A). ,y, (A). and c#( A) ;lrc tabulated [.WJre!.
IOXX].  This model was  developed from 176 spectra. but those
stations idcntiticd  ils turbid or dominated by CDOIM  were
Cxcl~~lCd  by ,Clord [ I%-#].  Also. the number  of spectra avail-
;rblc  for A > 600 nm was < IOO.  This ccmplctcs  the designation
of :III  the motlcls rcquircd  to cornput~ the TCR h,,,. from (AZ).
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Other than the chlorophyllous  pigment concentration. only
three model p;lramctcr  uclccticms  need be made at the refer-
encc wx&ngth:  (I) the phytoplankton specific absorption
coefficient u ‘(A,,,,),  (2) the CDOM absorption coeficient
%lml(Lt). and (3) the detritus absorption coefficient
a,,,,(h,,,). The reference wavclcngth  is chosen to be 410  nm.

The primary constraints in the selection of the three param-
eter values are to maintain the retrieved backscatter 6,, posi-
tive (i.e., nonnegative) for the lowest chlorophyllous pigment
values and to select values that are consistent with case 1
waters. Thus, since the backscatter of water is fixed and the K
is determined only by the K, and C, then appropriate values
(and a physically reasonable balance between the three re-
maining absorption parameters) are required; otherwise the
retrieved backscatter can become negative. The specific ab-
sorption coefficient for phytoplankton is highly variable espe-
cially in the 350-  to 500-nm region. A value of a * (4 10) =
0.015 m-l mg-I mS3 was chosen. This is probably the lowest
value that could be assumed for the oceanic regions used to
develop the K model [Morel,  19881.  The a,,,(h,,,)  level was
selected by starting with the background yellow substance ab-
sorption given by Gordon et al. [1988].  They chose a,,,,(375)
to be 0.06 m-l in order to account for the CDOM absorption
in the diffuse attenuation model being used in their radiance
model. This corresponds to a CDOM(410)  - 0.045 m-‘.  Recent
work [Hoge et al., 19933 suggests that a lower value could be
used in deep-ocean waters. A value of 0.04 m-l at 410 nm is
used in the computations herein. Some guidance in the choice
of the detritus absorption a,,,,(h,,J can be obtained from
recent work [Bricaud  and Stramski,  1990; Roesler et al., 1989;
Itzmiaga and Siegel, 1989). However, the demand for nonnega-
tive backscatter in the retrieval eventually constrains the de-
tritus to rather small values. A value of a&410) = 0.01 m-’
was used in all the calculations.

The bb,( A) were computed for C = 0.3 to 30 mg mm3  using
(A2) and the model parameters described above. The spectral
backscatter was found to be relatively unchanged as the chlo-
rophyllous  pigment concentration C increased from -1 to 30
mg rne3. This suggested that the mean particulate backscatter
could potentially be used to model the spectral backscatter
over all wavelengths (and over all chlorophyllous pigment con-
centrations of C = l-30 mg mS3).  Accordingly, these latter
spectra were averaged to yield a mean particulate backscatter
spectrum, {b,,(h)). Figure Ala shows the mean particulate
backscatter spectrum, (66,(A)), where the brackets specifically
denote the mean of the K model inversion over C = l-30 mg
rnm3.  The spectrum has been normalized to unity at 410 nm.
The most distinctive features of the numerous TCB spectra
and their resulting mean spectrum are the discernible maxi-
mum at -420 nm, a readily distinguishable minimum at -580
nm, followed by an undulating rise toward 660 nm reminiscent
of sea water absorption effects. When used for C < 1 mg mT3,
this backscatter mode1 will probably be less accurate for C <
1 mg me3 since the K mode1 inversion is very sensitive to the
choice of the remaining absorption parameters. The mathe-
matical model, b,,,( A,) = b,,(A,,,)(A,,,lA,)”  for n = 3.3, is
shown by the diamonds for A = 410, 490,  and 555 nm. This
latter comparison suggests that the (AJA)"  model is a rea-
sonably good fit over the region from -420 to -580 nm. If one
desires a model for the entire 400-5X0  nm segment, then an
error function or, alternatively. a \;kcwcrl  Gaussian can poten-
tially be used.
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Figure Al. (a) Total constituent backscatter (TCB) spec-
trum obtained by inverting the K model of Gordon [1989,
19941.  The mean TCB spectrum, (bbt(A)),  was obtained by
averaging the spectra1 backscatter over all chlorophyllous pig-
ment concentrations from C = 1 to 30 mg rns3.  The (A,&)”
backscatter mode1 for n = 3.3 is provided for comparison. (b)
TCB spectrum obtained by inverting the radiance model [Gor-
don et al., 19881  using 14 ship surface-layer filter pad and
CDOM absorption pairs together with 14 airborne water-
leaving radiance spectra. The mean TCB spectrum, (bJA)),
was obtained by averaging the 14 backscatter spectra. The
vertical bars indicate the standard error of the mean. The
(AJA)” backscatter model for n = 3.3 is provided for com-
parison. For both inversions, the best agreement is for the
-420-  to -580-nm region. Outside this region, larger errors
are encountered.

TCB Model by Direct Inversion of the Radiance Model

The radiance model (( 1) in the main body of this paper) can
be inverted to provide a backscatter spectrum. To do this, a
contemporaneous data set consisting of airborne water-leaving
spectral radiances and constituent absorbers (from ship surface
water samples) obtained within the Middle Atlantic Bight was
used to solve for the total constituent backscatter at 116 wave-
lengths between 400 and 700 nm. The water-leaving radiance
model shown in (1) was arranged to solve for backscatter as
shown in (AS).

h , , , ( A )  =  [IdAl  - uc ~,oMfh)  - QJA)]/u(A). VW
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Here (1
and ll

,,,,JA) is the absorption mcasurcd  from the tiltcr pads
(.,,oM(h)  is the measured absorption of the remaining

filtrate. Fourteen ship stations from the Gulf Stream to mid-
shelf were used in the calculations. An equal number of air-
borne spectral radiances were selected in close proximity to the
ship stations. The resulting TCB spectral curve is shown in
Figure A I b. The spectrum is normalized at 410 nm with error
bars representing the standard deviation about the mean for
the I4 stations. Also shown in the plot is the inverse wave-
length model with an exponent of 3.3 plotted at the wave-
lengths used in this study, 410, 490, and 555 nm. Figure Alb
shows that the inverse wavelength model is a close approxima-
tion for TCB in the Middle Atlantic Bight for the wavelengths
410, 490, and 555 nm. If the reference wavelength for the
inverse wavelength model were moved to -440 nm and the
440-nm band used in the inversion instead of the 410~nm band,
the inverse wavelength model would have a closer fit to the
measured TCB spectral curve. This would improve the fit of
the inverse wavelength TCB model but would cause the phy-
toplankton model to be compromised because of the high
variability of phytoplankton absorption at 443 nm. Since the
study within the main body of this paper has shown errors in
the phytoplankton absorption model to be the most detrimen-
tal to the inverted IOPs,  the 410-nm reference was used in-
stead of the 440-nm band.

Appendix B: Alternative Form for the Data-
Model Matrix D

The matrix formulation in (llb) can be further simplified by
prudent choice of reference wavelengths. First, establish a
more general reference wavelength A, for the phytoplankton
pigment absorption by evaluating (10) at wavelength Ap and
forming the quotient with a,,( hi),

uJA,) = aph($)  exp [(Ai  - A,)2/2g2]lexp  [(Ap  - Q2/2g2].

W)

Now, without significant loss of generality, chose the phyto-
plankton pigment, CDOM, and TCB reference wavelengths to
coincide with the first observational band, A, = Ap = A, =
A,. Then,

[

1 1 v(A  J4 exp [-S(A,  - A,)]
UphO,)

hlW4U - ~,(A,)
D3L exp I?S(AJ - &>I (WW4Ad I[ 1UA J

Wb)
= h(A,)

[ IW,)
W)

where, from equation (lo),  D,, = exp [(A, - A8)2/2g’]/
e x p  [ ( A ,  - A,)‘Eg’]  = u,,(A&+,(A,)  a n d  D,, =
exp [(Ali  - A,)‘/2g’]lexp  [(A, - h,)"/2g']  = u,,(A,)/
u,,,(A  ,). Of course, matrix elements D,,  and D,, as well as
Dz2 and D,, need to be computed only once (and need re-
computation only if the spectral model parameters g and S,
respectively, are changed). Matrix elements D,,, D,,,  and
D,, (andh(A,), h(A2),  andh(A,)) must be computed before
every inversion since they contain radiance data within the v.
Inversion of (B2) provides the IOPs  at wavelength A ,:
a ,,,, ( A, ). u,,( A, ), /I,,,( A, ). The values of the IOP$  at other
wavclcngths  are given  by (8). (0). and (Bi).

Appendix C: Concentrations Derived
From IOP Retrievals

Upon retrieval of the IOPs the constituent concentrations
may be obtained from their specific absorptions.  For example,
the phytopiankton pigment concentration is readily obtained
from C = u~,,,(A,)/u~,(A,),  where uEh(A,) is the chloro-
phyll-specific absorption [Hoepfner and Suthyendrunurh,  1993;
Morel, 1988; Suthyendrunuth  er al., 19871  at A,. (For application
to inversion of airborne or satellite data the nonlinear variation
of the specific absorption coefficient with chlorophyll concen-
tration [Carder et al., 1991; Cleveland, 1995; Bricuud  et al.,
19951  may provide higher accuracy.) A rough estimate of the
surface layer dissolved organic carbon can potentially be ob-
tained from the CDOM absorption coefficient using recent
absorption and fluorescence data [Hoge  et al., 1993; Voducek et
al., 19951.  While considerable progress has been recently re-
ported relative to the retrieval of hydrosol backscatter from
remotely sensed reflectances [Weidemun  et al., 19951, robust
relationships need to be developed for obtaining total constit-
uent matter concentration from the TCB coefficient.

Notation
U

a C D O M

ud

‘detr
u filter

‘ph

l

%h

a,

bb

b br

(bbr)
b

CDO;
c z c s

D
4
D*j
El4
Ed

h

total absorption coefficient (m-l).
absorption coefficient of chromophorlc dissolved
organic matter (CDOM) (m-l).
absorption coefficient of CDOM and detritus
(m-l).
absorption coefficient of detritus (m-l).
absorption measured from filter pads, up,, +
u dew

absorption coefficient of phytoplankton particles
(m-l).
specific absorption coefficient of phytoplankton
particles (m-l).
aph + ad, total constituent absorption (TCA)
(m-t).
absorption coefficient of water (m-l).
total backscatter coefficient (m-l).
total constituent backscatter (TCB) coefficient
(m-l).
mean TCB coefficient (m-l)
backscatter coefficient of seawater (m-l).
chromophoric dissolved organic matter.
coastal zone color scanner.
data and model matrix.
downwelling distribution function.
elements of D with i, j = 1, 2, 3.
upwelling irradiance just beneath the sea surface.
downwelling u-radiance just beneath the sea
surface.
exponent from Morel’s [1988]  K model.
extraterrestrial solar irradiance (W m-’ nm-‘).
phytoplankton Gaussian model spectral width
parameter (nm).
-(G + bhwv); vector of hydrospheric constants
and water-leaving radiances.
inherent optical property.
diffuse attenuation coefficient.
0.0949.
0.0794.
water-leaving radiance (W m -’ nm -’ sr- ‘).
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TCA
TCB
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A*

Ai
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in&x  of refraction  of seawater.
(1 - UN 1 - F)/m’( I - rR) - 0 .55  fo r
nominal sea conditions [Gordon et uf., lYSt3].
total constituent backscatter spectral model
exponent.
oceanic state vector of retrieved IOPs  at their
reference wavelengths.
ratio of the upwelling radiance to upwelling
irradiance toward zenith.
water-air reflectance for totally diffuse irradiance.
irradiance reflectance just beneath sea surface.
spectral slope for the ad model (nm-‘).
spectral slope for exponential constituent
backscattering model.
singular value decomposition.
diffuse transmittance of the atmosphere.
total constituent absorption.
total constituent backscatter b,,.
(1 - 1 lx) (dimensionless).
b,/(b,  + a) (dimensionless).
parameter from Morel’s (1988) K model.
wavelength (nm).
reference wavelength for TCB (nm).
reference wavelength for CDOM absorption (nm).
peak wavelength for Gaussian phytoplankton
absorption model (nm).
wavelength of observational bands, i = 1, 2, 3.
reference wavelength (MI).
Fresnel reflectance of the sea surface for normal
incidence.
Fresnel reflection albedo of the sea surface for
irradiance from the Sun and sky.
solar zenith angle (deg).
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